NMEPI®PEPEIAKH A/NZH
NMN/OMIAZ & A/IOMIAZ EKI/ZHZ
B. AITAIOY

OEMATA AIATQNIZMATOZ NPOZOMOIQzHZ
2TA MAOGHMATIKA
TQON OMAAQN NMPOZANATOAIZMOY
OETIKQN 2MOYAQN KAI
2MMOYAQN OIKONOMIAZ & NAHPO®OPIKHZ
" TAZHZ HMEPHZIOY NENIKOY AYKEIOY

EtrotmrTeia

1) Mpoédpopog TI. EAeuBepiou, [llpoiotduevoc EmoTtnuovikng kai
Maidaywyikng Kabodriynong A/Buiag Ekm/ong B. Alyaiou - ZxX0AIKOG
2 UuBouAog MNMEOD3 ue £dpa tn Aéofo.

2) lwavvng PAAANG, 2xoAIkog ZuuBoulog NMEO3 pe £dpa TN ZAapo.



APXH 1HY YEAIAAY

AIAFQNIZMA I'" TAZHZ
HMEPHZIOY FENIKOY AYKEIOY
NMAPAZKEYH 15 ATMPIAIOY 2016
EEETAZOMENO MAOHMA: MAOHMATIKA
OMAAQN NPOZANATOAIZMOY OETIKQN ZIMOYAQN KAI
2MOYAQN OIKONOMIAZ & NAHPO®OPIKHZ
2YNOAO ZEAIAQN: MNMENTE (5)

OEMA A

A1,

A2,

A3.

A4.

‘EoTw pia ouvapTtnon f opiopévn o€ éva didotnua A. Av
e n f eival cuvexng oto A Kkai
e f'(x)=0 yia KGOt eowWTEPIKO ONUEIO X TOU A,
T6TE Vva atTodeiceTe OTI N f gival oTaBepr) o GAo TO didoTnua A.
Movadeg 8

‘EoTw pia ouvaptnon f ocuvexig o’ €va didotnua A Kal TTapaywyiociyn oTo €-
owTePIKO Tou A. T16T1e Aéue 0TI N f €ival KupTr OTO A;
Movadeg 4
Na diatuttwoeTe T0 BepeAIwdES Bewpnua Tou OAOKANPwWTIKOU AoyIGHOoU.
Movadeg 3
Na xapaktnpiosre 1IC TTPOTACEIS TTOU akoAouBouv, ypdgovrag oTo TETPAdIO
oag, OitTAa aTo ypauua 1Tou avrioToIXEl O KGO TTpdTaon, 1n Aéén ZwaoTto, av n
mporaon givar owaoTn, N Aaéog, av n mporaon givai Aavlaouévn.
a) Av pia ouvapTnon TTAPOUCIAlEl KAUTTH O €va ONUEIO Xo KAl gival duo
popég Trapaywyioiun, Téte ' (x,)=0.

B) K&Be ouvdaptnon f yvnoiwg @Bivouca oto didoTtnua (a,B), €xel

oUvoAo Tiwv 10 diIdoTNUa (Iin; f(x), Iimj(x)j.

Y)  Av lim f(x)=+o kar lim g(x)=+o0, 161e lim (f(x)-g(x))=0.

o) Av ol cuvapTioelg f Kal g €ival OUVEXEIC OTO Xo, TOTE KAI N CUVAPTNON

g o f eival cuvexig oTo Xo.

TEAOX 1HY AIIO 5 YEAIAEX




APXH 2HY YEAIAAY

€) Av n ouvaptnon f gival ouvexng oe éva diaotnua A kai 1oxuel f (x) = 0

yia KdBe xel, 161e n f diatnpei Tpéonuo oto didoTnua A.

Movadeg 10
©OEMA B
Oewpolpe TIg ouvapTtAcelg g(x) =x -1 kar h(x) = x +j :
B1. Na atrodeigete o1
a) YTTapxel n avrioTpon ouvaptnon g g (puovadeg 3)
] o . X2 +Xx+4 ]
B) Ma kd&Be x€IR" 1oxvel (g oh)(X) = —— (wovadeg 3)
Movadeg 6
Av f=g'oh,101¢:
B2. Na peAethoeTe TNV f WG TTPOG TN JOvOTOovia Kal Ta aKPOTATA.
Movadeg 6
B3. Na atrodeigete o011 yia KGBe ae(0,1) utrdpxel Jovadikd Xo€(0, 2) yia To OTToIO I-
2f(a)+f(2a)
oxUe: fx,)=——"——
3
Movadeg 5
B4. Na Bpeite TI¢ aCUUTITWTES TNG YPAPIKAG TTapAdoTaong Tng f.
Movadeg 4

B5. Na Bpeite 10 eufaddv Tou xwpiou TTOU TTEPIKAEIETAI ATTO TN YPAPIKA TTapdoTaon
NG f Kol TIg euBeiegy = x+1, x=1, x = e.
Movadeg 4

OEMAT

Ocwpouue TIG ouvapTAoelC f Kal g yia TIG OTToiEC IoXUOUV:
'foodx=e-1
o X)dx=e-
[ foodx=e

e H g civai kup oTO [0, +0).

TEAOX 2HY AIIO 5 YEAIAEX




APXH 3HY YEAIAAY

o f(X)-g'(X)=€"-1 yiakdBe x €[0,+x).
M. Naamodeigere 611 g (1)—-g(0)=1.

Movadeg 4
2. Na amodeiete 6T n e€iowon g9’ (X)=1 éxer pia pévo pica &, n otoia pdAioTa a-

vrikel oTo digotnua (0,1).

Movadeg 5
3. Av € civai n pia ¢ e€iowong g'(X) =1 , 1éte:
o) Na atrodeitete OTI :
yia kaBe x>& 1oxvel f(X)>€" kai yia kG0 x <& 1ox0e f(x)<e.
(Movadeg 6)
£ 1
B) Na atodeiteTe OTI: j |f(x)-e*|dx = j | f(x)-€*|dx , (1) (uovadeg 4)
0 g
Mola gival N YeWWPETPIKA €punveia TNG 100TNTAG (1); (MOVAdES 2)
Movadeg 12
4. Na utroloyioete 10 6pio:  |lim L .
xio f(x)=g'(X)
Movadeg 4

OEMA A

Ocwpoupue pia ouvdptnon f mapaywyioiun oto IR n otToia £XE€I TIG TTAPAKATW 1810TN-
TEG:

° f(0)=0

o f(X)20 yiakaBe xe(-1,1) ka

*  x-f(x)-F(x)=—4x*-(1+In|x]) via k&e x # 0.

A1. Na amodeicere 6m: f(0)=0,

Movadeg 2
A2. Na atrodeiteTe OTI:

a) (x-Injx|)" =In|x|+1 yia kGBe x # 0.

Movadeg 2

TEAOX 3HY AIIO 5 YEAIAEX




APXH 4HY YEAIAAY

8) f(X)={—4x2-lnx , x=0

, x=0

Movadeg 7

Av n KauTtTUAN TOou TTAPAKATW OXAMATOS Eival N ypagiky TTapdotaong Tng f oto d1a-

otnua [-1,1],

Cs

TOTE:

A3. a) Na Bpeite Ta akpoTarta TnG f 010 KAEIOTO didoTnua [-1,1] (Movadeg 4).

B) Ta 11¢ dId@oPES TIUES TOU TTPAYMATIKOU apiBuou K, va Bpeite To TTANBOG Twv

Kk
pICWV TNG egiowang — + 2Inx*> =0 1ou avikouv oTo didoTnua [-1, 1].
X

(Movadeg 3).
Movadeg 7
A4. a) Apou dikaiohoynoete OTI N f gival dpTia, va aTTodEigeTe OTI:
I £ ) dx :2,[ F(x)dx., a > 0.
—-a 1]
Movadeg 3

B) Na atrodeigete 611, av F cival pia rapdyouca g f oto IR, T0TE yIa kKdBe B >1

IOXUEI:
O [Crogex

Movadeg 4

TEAOX 4HY AIIO5 YEAIAEX




~N O

APXH 5HY ¥EAIAAY

OAHTrIEZ (yi1a Toug €§eTalOpEVOUG)
270 TETPAdIO 0OG VA YPAWETE JOVO TA TTPOKATAPKTIKA (NUEPOUNViA, €GETACOPEVO
MAOnua). Na unv avtiypayete Ta BépaTta oTo TETPADIO.
Na ypAWeTe TO OVOPATETTWVUNO 0AG OTO TTAVW HEPOG TWV PWTOAVTIYPAPWYV O-
MEowG POAIG oag TTapadoBouv. TuxOov ONUEIOEIG 0ag TTAVW oTa BépaTta dev Ba
BaBuoAoynBouv oe kapia TrepITITwon. Katd Tnv atroxwpenor] oag va TTapoadwaoe-
T€ Jadi Ye TO TETPADIO KAl TA GUTOAVTIYPOPA.
Na atravtiioete o1o TETPAdIO 0ag o€ OAa Ta BEépaTa.
Na ypAWETE TIG ATTAVTACEIG 0AG HOVO PE PTTAE 1] HOVO PE JaUpPO OTUNO. MTTopEiTE
Va XPNOIYOTIOINCETE JOAURI HOVO YIa oXEDIQ, dlIaYPAUMUATA KAl TTIVOKEG.
KdaBe atrdvrnon eToTNUOVIKA TEKPMNPIWHEVN €ival ATTODEKTH).
. Aidpkeia e€€taong: TPEIG (3) WPES META TN SIAVOUN TWV QWTOAVTIYPAPWYV.

Xpovog duvatng ammoxwpnong: 1:30 wpa YETE TN dIAVOUN TWV GWTOAVTIYPAPWV.

EYXOMAZTE ENMITYXIEZ

TEAOZ MHNYMATOZ

TEAOX 5HY AIIO5 YEAIAEX




