OEMATA EYKAEIAEIAS TEQMETPIAZ

Mopabétom kamown oAl Oépata elcayoyikov eEetdoewv Evkieideiog INempetpiag. Avotuymdg ofjuepa Kdmotot
«GOPO1» £YoVV EE0GTPAKIGEL TO TAVELOPPO OVTO UAON O TOV TPOAYEL TNV LAONUOTIKT OKEYT OO TIG
[Mavernvieg E&etdoetg, avtikabiotdvtag to pe v Avaivct mov dddoketal pe teleimg oTpePAo TpomTo (Ko
QLoKa yapopifovv kot avtd T0 pabnua). Ot Tpotevopeveg Aoelg eivor dtkég pov (EAmilm va unv vapyet
Aa00q). Ta oynuata Eywvov pe to Geometer’s Sketchpad.

1. Eni twv mAeupwv tetpanAelpou ABIA Kot EKTOG AUTOU KOTAOKEUAIOUUE Ta TeTpdywva ABEZ, FAIK, BFHO,

AAMA. Av kol T tapécatwv EA, IO avtiotolya, va amodelxBel 6tL to tetpanAeupo BTAS sival TETpAywVo.

(Eloaywyikég E§eTaoelc ApLTEKTOVWY Oecoaldovikng, 1961)

lpotewvouevn Avon

Av Z,H ta Kévtpa Twv
TeETpaywvwy ABEZ , AAAM
avtiotolya, TOTE £XOUUE

I
ZZz% = AH=HA

"
HZz% =AZ=7/B

Y7ZB=90° - AZY> =
=90° - AHX = THA

‘EtoL ta tpiywva HIA, Z3B
elval toa (N-r-N).

Onote IB=32A.

Opwg eivat kot 2B L $A 816t
HXZ =180° — AHZ =
=180° - (90° —ZHA) =
90° + HA

OTIOTE :

K

BXA =360° — (HZA + ZZB + HXZ) = 360° — (HXA + Z3B + XHA + 90°) =
360° — (180° +90°) =90°

EvteAwg avaloya amodeikvuoupe 6tL TB=TA kat TB L TA . (and wootnta twv tpiywvwy AOT, BPT)
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Tote Opwg Ta Tpiywva BIA kat BTA eival ioa, SL0TL €gouv Kowr TNV BA Kal TLG TPOOKEIUEVES YWVIECG LOEG Ue
45° tnv K&Be pia, adov kabéva amd ta BIA kat BTA eivat opBoywvlo Kot LoOGKENEC.

Apa 3B=3A=BT=TA 6nhadn BIAT pouPog kal pe pia ywvic opbn Ba eivat Tetpaywvo.

2. 5e tetpdmheupo ABFA eivar BAI' =T'AA =60° kot N tuxaio eowtepiké onueio tne ywviag BAT. Av

NE, NZ, NI oL anootdoelg tou N amno tig eubeieg AB, Ar, AA avtiotolya, anodeifte otL
NE + NZ = NI. (MoAuteyveio A9nvav, AAAoé. Toroyp. 1957)

lpotewousvn Avon

P_A\30

MNpoekteivoupe TNV ZN HEXPL VA TEUVEL TIG TIPOEKTACELG TwV MAsUpwV AA , AB, £é0Tw ota onueia P, M .

Tote 1o Tpiywvo APM eilval LoOOKeEAEG KaLZ péco PM. Amo tnv yvwoth lotnta kabétou mAeupag opboywviou
TPLYWvoU Tou Pploketat amévavtt amnd ofeia ywvia 30°, éxoupe :

NZ = NP —PZ = 2NI —=ZM = 2NI = (NZ + NM) = 2Nl = NZ — 2NE = 2NZ + 2NE = 2NI = NZ + NE = NI
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3. Enti twv mAeupwv AB, AT tplywvou ABI KataokeUd{oUpE eKTOC autol Tta tetpdywva AlZH , ABAE. Na

anodelyOet otL :
a) H dwapeooc ano tnv kopudn A tou Tplywvou ABT eival kaBetn otnv EH
b) To amoé tnv kopudn A Uog Tou TpLywvou ABI Sitépxetat amod tnv kopudn | Tou mapaAAnoypdupouv EAHI

c) Tatunuota Al , BZ sival ioa kat kaBeta pe ta tunpata Bl, M avtiotoyya kot LAALoTa TEUVOVTAL ETTL TOU
UYoug Tou Tplywvou ABI mou dyetat and tnv kopudn A.

(Fewnoviky A9nvwv 1948 — EveAniéwv 1955 — Apxitektovwy ASnvwv 1962)

lpotewvousgvn Avon

g

N N
a) Mpoekteivovtag tnv AM katd TuRpa MN = AM dnuoupyoupe to mapalAnAdypappo ABNI kot €0Tw OTLN
npoéktaon tns AM tépvel v EH oto P. Av MAL =X, MAB=Y, t6te PAH=90°—-x, PAE=90°—y. 510

tpiywvo ATN, éxoupe O+ @+X+Yy=180° = 0+ =180° — (X+Y) ,dpa ATN =EAH .
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EtoLta tpiywva ATN, EAH eivat oa,(N-M-M) ondote @ =EHA =MAI = X. Etol
PAH + @ =(90° —x) + x=90°, ¢poa. APH =90°.

b) Kataokevdaloupe to maparnioypappo EAHI kat éotw 6t n mpoéktaon tng Al tépveltnv Bl oto K. Eotw 2

10 péoo tng EH. Ao tnv mponyoupevn wootnTa tTwv TpLywvwy tou epwtriuatog a) mpokurntet 6t AN = EH , dpa
AM = ZH. Etot ta tpiywva ZAH , AMT eivau ioa, (N--N) onote AMI" = AXH . Téte éyoupe
AMK + MAK = ASP+XAP =90°, dpa kar AKM =90°.

c) Napatnpovpe 61t BAI' =180° —EAH =1EA kat ¢t0t Tat tpiywva EIB, AAT eivat ioa diot éxouv |IE =
AT, BE=AA , IEB=45"+IEA =45° + BAl = AAT, 4pa B, =M. ama m+n=90° a1
TSB=90°.

Avaloya yla tig BZ, IT.

EivaL mAéov dpavepo otLol BZ,TA, IK eivat ¢opeig Twv uPwv oto tpiywvo IBI, dpa cuvtpéxouv.
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4. Aivetat ofuywvio Tpiywvo ABI oto omnoio eivar B = 21" . ®épvoupe to OPog AA kat poekteivoupe TV AB

Katd Tunpo BE = BA. Anodeifte oOtL:
a) Ta tpiywva ABI kat AEZ €xouv TIG ywVIEG TOUG pia pog pia loeg
b) Av Z to onueio topng twv Al kot AE, amobeifte otL to Z oaméxel anota A, A, T.
c) AB=Alr-AB (MoAuteyveio A9nvav, Xnukoi 1960)

lpotewousvn Avan

a) Adou BE=BA Ba eivar BAE =BEA =6, to1¢
ABI™ =260 w¢ efwtepikn oto tplywvo BEA. ANa
ABI' =2I" kat BAE = ZAI' (katok) onote
I'=E=ZAl'=6.

‘EtoL ta tpiywva ABI, AEZ €xouv BAI kown,

I'=E, ABI'=AZE

b) AAZ=90°-0=90°-T =AAT", dpa AZ =
AZ, evw N6n yvwpilape otL AZ = ZT.

c) BplokoupE TO CUUUETPLKO TOU B wg mpog to
A, éotw P. Tote tou Tpiywvo ABP gival LOOOKEAEC

,onote APB=ABI'=20.

Ouwg APB=TI+PAI, énAadn
20 =0+PAl' = 0 =PAl' = PI' =PA

Etoi, AB = AP =Pl = Al — AP = AT — AB.
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5. Eoctw O tuxaio ecwteptkd onueio tou Tplywvou ABI kat O;, 0,, O3, Ta GUMMETPLIKA Tou O WG Pog Ta péoa

Twv MAevpwv Bl , Al', AB avtiotolya. Amodeifte OtL :
a) OuveuBeieg AO;, BO,, 03 SiEpxovTaL aro to iblo onueio, €otw M.

b) Ouamnelpeg eubeiec OM SiEpxovTal amo otabepo onpeio Tou TpLywvou ABT.

lpotewvousvn Avon

(ZxoAn Yrounyavikwyv 1960)

0, A

a) Eneldn 1o onpeio A sival kowo PEso Twv TUnuatwy B, 004, To tetpanAeupo BOI0, Ba sivat
napaAAnAoypappo, dpa ta TuApata BO,, MO Ba eival ioa kat mapdAAnAa. Avaloya , €xoupe otL AO,, O iloa
kat tapaAAnAa. Etot, to AO,0.B Ba sivat mapaAAnAoypappo, apa ot dtaywviég tou AO4, BO, Ba
Siyotopouvtal.

EvteAwg avaloya deiyvoupe otL Styotopouvtal ta TuApata 03, AO; adou AO30;I eival mapaAAnAdypapupo,
Aoyw twv raparAnloypdapupwyv AOsBO, BOIO; .

‘Qote 10 onueio M eivat koo péco twv AO,, BO,, 05
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b) MNapatnpoupue 6tL oto Tpiywvo 003l ot OM, ME eival Stdpecol apa ylo To onUeio 0To Omolo TEUvVoVTOL £0TW
G1, Ba €xoupe OM =3G;M, evw oto tpiywvo OO0;A ot OM, AA eival emiong SLApecol apa yLo To onpeilo oto
ormolo tépvovtal Ba €xoupe OM = 3G;M, dpa ta onueia Gy, G, tautilovral.

AUTO onpaivel otL ta tpiywva ABI, O03B, O0;A, O0,B €xouv Kowvo BapUKeVTPO, OO TO OMolo Kal SLEpxovtal
OAeG oL amelpeg eubeiec OM.

6. Aivetal popBog ABIA kat tuxaio onueio M eowtepkd TG katakopudrv ywviag ABIT tou poppou. Anobeifte
OTL TO ABpOLoUA TWV ATIOOTACEWV ToU M amo Tig MAeUpEG AB kat AA LooUTalL LE TO ABpOLoUA TWV ATTIOOTACEWV

TOU amo TIg MAeUpEG B kat MA.

lpotewouevn Auan

(Aokiuwv , 1949)

Mpénel va dei&ouvpe 6TL MK + ME = MO + MX.

A
E Mapatnpoupe otL EO = 3K ( ta PN Tou pouPou eivatl
{oa) 614TL (ABFA)=AA-EO = ATl - 3K, aMé& AA=AT .
Etot , MK+ ME = MK + (MO + E@) = MO + (MK + EQ) =
2 o = MO + (MK + 3K) = MO + M3.
/ -
s 1
K M
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7. Eotw Kkat A ol tpoBoA£g TNG kopudrg A tplywvou ABT €7l TNG EOWTEPLKAG KoL EEWTEPIKAG SIXOTOUOU TNG
ywviag B avtiotowa, evw M kat N ol TpoPBoA£C Tou A €Ml TNG E0WTEPLKNG Kal EEWTEPLKAG SLXOTOMOU TG ywviag I
avtiotoya. Amodeifte otLta onueia K, A, M, N eivat cuveuBelakd kot pailota n eubeia mavw otnv omnoia
Bpiokovtal givatl mapAdAAnAn tpog tn Br.

Mpotewvousvn Avon (2xoAn EuroponAotapywv — Mnyxavikwv 1958)

IM'vwpiloupe OTL oL dixotopoL eDeENG KOL TIAPATIANPWHATIKWY YWVLWV lval kaBeteg, apa to AKBA eivat
opBoywvio mapaAAnAoypappo adou £xel 3 opBEG ywvieg. Etol ol Slaywvieg Tou Siyotopouvtal oto F Kkal eival

kat logeg, apa FB=FK, 6nAadny FKB=FBK =¢.AMd&a ABK =T'BK (BK eowtepikn dtxotopog), dpa
I'BK =FKB = FK//Brl, 6nAadn n euBeia AFK elvat mapdAAnAn otnv Br.

EvteAwg avaloya mpokUmteL 0tL n eubeia MUN eival mapadAAnAn otnv B, evw mpooBeta kat FU // Br .
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8. Edv 8Uo amévavtl mAeupég TetpamAelpou eival (0gg kot pun mopAdAnAeg, anodeifte 6tL n eubeia Mou evwvel
Ta péoa Twv SUo AAAwV MAgUpwV gival mapdAAnAn pog tnv SLX0ToUO TNG ywviag ou oxnuatifouv oL duo loeg
TIAEUPEG.

(E9viko MetooBio MoAuteyveio, Xnuiko 1960, ZxoAn Ikapwv 1960)

Mpotetwvouevn Avon

/1 /1
SK—%z%:SASSKA=SAK=X

Eotw S to péco tng Staywviou Al Tote =

npa @ =KSI' =X+ KPS =X+ (X+PSA) =2x+STA
Ouwe sivar ke @ =KSI'=BAI' =2w+ STA
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