2°TEA KAPAIT:IAZ MAGHMATIKA TEXNOAOTIKHEZ KATEYOYNZHZ " AYKEIOY

NAPANOHZEIZ MAOGHTON ZXETIKA ME THN ENNOIA TOY OPIOY 2YNAPTH3HZ2

Napavonon 1"

Mo va EXEL L0 OUVAPTNON OPLO OTO X TIPETIEL N CUVAPTNON va oplleTaL OTO X

To av opiletal i OXL N CUVAPTNGON OTO X, eV Mailel Kaveva pOAO OTn PEAETN TwV Oplwv. TNUAVTIKN Elval povo n
oupmnepipopd tne f os olvola tng popdpric U (xO,a) :(XO —a, XO)U(XO, X, +a) n (X0 —-a, Xo) o\ (XO, Xy + a)
dnAadn n cuvaptnon va opiletal 600 Kovta BEAoUE OTO X; .

‘Etol, 6ev €xeLvonua n avaltnon Tou opilou PLOG CUVAPTNONG OE VOl UELOVWEVO OnUEio Tou Ttedilou opLoPoU TNG.
(Eva onueio xq €vog ouvolou X AEyeTal HEMOVWHEVO OTOV UTTAPXEL SLtaotnua TnG popdng A= (xy— 6, X + 6) T€Tolo
wote AN X ={Xo}). MpéneL dnAadn 10 Xova elval onueio cuoowpeuong tou nediov oplopol A tng f kot autd

onuaivel 0Tl os kade dlaotnua TG popdPng A =(xo— 6, X + 8) va uTtdpxouV oTolxeia Tou A.

2
X —4,x<1
Etol, Sev éxeL vonua to cUpBoAO Iim2 g(x) omouv g(x) ={ . 5 Entiong Sev éxeL vonua to cUpBoro
X— , X =
Iim(2v3+8) , veN’
v—5
Napavénon 2"
Av elval )!'_)'I‘O f(X) =1eR , Tote n f malpvel tv TN I yld TIHEG TOU X KOVTA OTO Xq. Mapddeyua :

x>, x#0

watnv f(xX)=
yaatmy f(x) {21)(:0

Napavonon 3"

€XOUHE Iing f(x) =0, aM\d npodavwg f(x) >0 yua kdbe x €R.
X—>

H Omapén tou oplou oto Xg ouvemdyetal povotovia tne f os Sldotnua yUpw armod To Xy, | TOTILKH povotovia ,
&nAadn povotovia og éva SLAoTNUA AploTEPA TOU X, Kal ot éva Stdotnua Se€ld tou X,. Mapadeypa yio tnv
1 i _
ouvaptnon f(x)= X-ny(—j, glvat le_")g f (X) =0 aMa n f Sev eivarl povdtovn og kavéva Staotnua yupw
X
1 1

and 10 undév, apotv  Bewpwvrtag TG akohoubieg X, = —— W, = > Xy > Yy ToU

2V7r+% W :2V7z+3% ' 27TV

telvouv oto pundév, mapatnpovpe ot g(x,) =x,>0, gly,) = -y, <0, g(w,)=0<g(x,) kar g(x,)>g(y,) 6nkadnn g

£XEL OpLO OTO UNSEV YWPIE va lval povotovn o€ Kaveva Slaotnua yupw amnod to undév. (Emiong mopatnpoupe OtL yia

OpPKETA peyala V Sev umadpxel dwaotnua (-6, 8) oto omoio n g(x) va diatnpet otabepd mpdonpo.)
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Napavonon 4"

Av AEN umdpyeLto 6plo tng f(x) O6tav to X Telvel 0To Xo, TOTE AVOYKAOTIKA gival "mf f(x)= ”m+ f(x)
X—=>Xo X—=>Xo

dnNAadn TOTE Ta TTAEUPLKA OPLA UTIAPXOUV , AAAG amAWG eivat SladopeTika LeTaly Toug. lMa mapddelyua, n
1 .
ouvdptnon f(x)= n,u(—j gxoupe OTL Sev UTIAPYEL TO IIr‘rJ f (X) (vpadikn minpodopia) kat yia tig akoloubieg
X X—
1

Xv:a:yvzﬁ ue X,,Y, > 0" étav v— +o0, eivar f(x)=0-0, f(y,)=1-1.

]r=1

Napavénon 5"

H Omapén tou oplou oTo Xg ouvemadyetol UTTAPEN TOTUKWY aKpOoTATWY TnG f og Stdotnua yupw amo 1o Xg, N

akpotata o€ eva SLACTNHA HOVO OPLOTEPA TOU X, N O€ eva dtaotnua povo Seld tou

X, - 210 Suthavo oxrpa n f éxel 0plo oto X, tov appd |, alkd Sev mapouoitdlet Tomko (0 y
OKPOTATO OTO Xp I KATOU AAAOU yla TA X TIOU aviKOUV O€ Sldotnpa tng popdng |
U (38) = (=% ) %o +a) ) (Xo=a%) 1 (3.5 +a). s
— i
(0] x—>x!0<—x X
Emiong, n ouvaptnon

F(x) = X ). x#0
0 , Xx=0 /\ s

éXEL Iln(;l f(X)=O,aMd e \/

OEV €XEL AKPOTATO OTO

uNndév, adou yla Tig
1 1

akohoubieg X, =—, ¥, =——F5—
& 27rv+% 27rv+3%

f (X\,) = sz >0, f (yv) = —yv2 <0, dnAadn oocodnmote kovtd oto pUndév [oe omolodnmote SLAcTNHUA TG

eilval X\/>O’yv >O,XV —)O,yv—)O

popdng (0, €) ] €xoupe Ko BETIKEG KOL APVNTLKES TILEG , Apa AEN €xoupe akpOTATO OTO UNOEV.
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