H yovia - O kdvkhog

A. AITAPAITHTEX I'NQXEIX OEQPIAX

Hperingdo

Kabe gvbeia € emmédov I yopiletl ta onpeia Tov emmédon
Tov deV 0VNKOLV 6TV € o€ dV0 onuetocvvoro I, T1, o
onoia ovopdlovtol guiemingda pe v 1O10TNTO!

Av A onueio tov 11, ko1 B onueio tov I, téte 1 evbeio &
téuvel 1o ev0oypouuo tuue ABevad av A kou B onueia tov
[0100 quiemmédov n evbeio & kar o AB dev téuvovral.

To nueninedo I, to cvpporiCovpe (g,A) kot to IT, avti-
otowya (g,B).

H yovia
Bewpovpe 600 Mpuevbeieg Ox kot Oy kot to onpeio A kot B
aVTAOV.

Koptij yovia M| yovia ovopdletol To HEPOG TOV EMTESOV
mov opiletatl amd ta kowd onpeia Tov nuetmédmy (Ox,B)
kat (Oy,A). To onueio O Aéyetar kopveij TG yoviag.

Svpuporilovpe pe x6y n yoOx, 1 AOB | BOA .Ta on-
pela TOV EMTESOV TTOV JEV AVIKOVY GTIG TAEVPEG Elval Ta
£6MTEPIKA oNpeia TG yoviag.

To onpeia Tov enTESOL TOV JEV AVIIKOVV GTNV KLPTH Y®-
via padi pe to onpeia tov nuevdeimv Ox kot Oy Adyston un
KOpTH YOvia.

YOYKPLoN YOVIOV

I va cvykpivovpe dvo ywvieg Tig petatoniovpe KoTdAn-
A0 OCTE VO GLUTEGOVY Ol KOPLYES TOVG KOt [ TAEVPA
TOVG. AV Kol 0l GALEC TAEVPEC CUUTITTOVY TOTE Ol YOVIeS
elvan ioeg, dopopetikd N yovia g oroiag n Thevpd Ppi-
GKETOL GTO E0MTEPIKO TNG GAANG YoViag etvatl ) LikpdTepn).
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Aryotopos yoviag ivaln nuevdeio mov fpickeTol 610 E00-
TEPIKO PO YOViag kot T xopilel og dV0 ioeg Yoviec.
Kafg yovia £ger pio pévo sryyotopo.

Eion yoviov

* Mnydeviky ywvia Aéyetor 11 KUpTH yovio TG omolag ot
TAEVPES CUUTITTOVV.

o I[Tijpnc ywvia glvai n un kupt) yovia n ovtictoyn g
UNOEVIKTG.

* Evfcia ywvia Léyetorn yovia tng onmoiog ot TAeLpEG vt
avtikeipeves nuevbeies.
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X

* OpBi yovia sivor pia and Tig dV0 ioeg Yovieg mov oynpatilet ) diyotdpog ™ evbeiog

y
O, 0,
undeviky yovio x8 B~ X
y
y * X
gubeio yovio 0 T
opOn yovia

oela yovia apphreio yovio

yoviog. Ot TAevpég piag opOng yoviog Aépe ott etvat K6Oe-
TEG LETAED TOVG.

* Oéeia yowvia Méyetal po yovio pkpotepn amd po opon.
* Auficio yovia Aéyetal po yovio LeyaAdTepn amd Lo
opOn.

Amooracny onpeiov A and gvbeio € ovopdletatl to puKog
TOL LOVASTIKOV EVOVYPALLLOV TUALLOTOG TOL GLVIEEL KABETA
t0 onueio A pe v evbeia €.

Amo kG0g onpeio ekTog ev0eiag dyeTor pio povo KaBeTOg
o€ QLUTY.

Amo kG0e onpueio gvbeiog dyeTon pio povo kGOeTog 6€ VTN,

Meoorabetos evog evBoypappov tunpatog BT etval n po-
vadikn gvbela n onoia d1€pyetar kdBeta and to péco O Tov

j—o>
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BI.Ta onpeio B,I" Aéyovion evppetpirna ogmnpog v vbeia
AO ka1 n evbeio AO Aéyetat dEovag couueTpiag.

Mpagerg petald yoviov

Egpé&éijc ovopalovtot 800 ymvieg ol omoieg Exovv :

* KON Kopven

* [ TAEVPE KOV

° TIG UM KOWEG TAEVPEG EKATEPOOEV TNG KOWVTG.

.Y Ol YWVIES xay Kol y(A)z eivat epedng.
AV0 epe&Ng Yovieg gival TAVTOTE dtadoyiKés.

z
k Yy
0' X
V4
A. TIpooOeon yoviev
IMa va tpocsBécovpe 600 yovieg Tig petatonifovpe KaTdh-
ANAo dote va Yivouy e@eEng. XTo SImAoVO Gy EXOVLLE: y
x6y=co,y62=(p1<m x62=x6y+y62=m+(p n
o
X
V4
y
(6]
X

e To aBpotopa g KupThHG KAl TG 1N KVPTNG pe TV idta
KOPLEN Kot TIG id1eg TAEVPES , €lval TO emtimedo.

* H tpocbeon yovidv emekteivetal Kot Yo, TepiocOTEPES 0o O00
yoviec. To dBpoiopo dpmg dHo N TEPIGGOTEPMY YOVIDV,OEV
EVOLTTAVTOTE YOVIO LLE TOV OPIGLLO TTOV SDCULLE , SLOTL LTOPEL
70 GOporope. va givor peyolOTEPO G0 P, TA P YOVio.

B. Agaipeon yoviov

INo va apatpéoovpie 300 yovieg Ti¢ petatonifovpe KatdAAnio

MOTE VO, GUUTITTOVY 01 KOPLPES TOVG, KOUL 1) LLaL TTAEVLPEL TOVG.

270 SmAOVO YN EYOVLLE: x0z — x6y = y62

I'. Twopevo euoikov apdpov pe yovio
IMa va toAlomlacidcovpie pia yovio pe puowkod aptdps v, abpoilovpe v dtodoyikég yovieg
iogc pe v apykn yoviao. ['a Ttapdderypo, ypoeovus: v- x0z=x0z+x0z+- - - +xOz

v opot

I'owvieg pe opropévn oyéon
Zourinpopotikés ovopaloviol dVo yovieg pe abpotopa ico pe pia opbn (oy. 1).
Hopoaminpwportikés ovopalovral d0o yovieg e dBpotopoa ico pe pio evbeio yovia (oy. 3).

7
(O]
0] (ox-3)
(ox- 1)
y (oy. 2) /)/ y
o) X 74 E) X

AmodetkvieTat 6Tt 600 EQEENS KO TOPATAN PO UATIKEG YOVIES EXOVV TIG U1 KOWVEG TAEVPEG
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TOVG OVTIKEILEVES KOl AVTIGTPOQO.

Kararopopijy ovopa{ovton 500 YmVIES LLE KOV KOPLQT] KOL OVTIGTOYES TASLPEC avTIKEIEVES (TY. 2).

AmodeikvieTon 6TL:
IMo 16 katakopvenV yovieg toydovv:
1. Ot katakopvenv Yyovieg elvat ioeg.
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. O1 3170TOOL FVO KATAKOPVPNY YOVIAV EIVOL AVTIKEIHEVES T)LIeVOEiEG.

Kvxlog gival to eninedo oynio Tov omoiov Oha ta onpueio
sanéyovv amdotact p and £vo otabepd onpeio O kat Gup-
BoAiiletat pe (O,p). To onueio O Aéyetat KEVTPO TOV KOKAOL
KoM 0mOGTOCT P OKTIVE TOV KOKAOV.

Toor Aéyovtat 310 KOKAOL OV e KOTAAANAT LETATOTIOT GL-
purintovv petald Toug. Avo icot KOKAOL £X0VV 16EG aKTIVEG
Ko ovTioTpOPa.

Yroyyeia Tov KOKAOD

To&o eivot o T Tov KHKAOL TOV 0pileTor amd dVo TVYaia
onpeia Tov KOKAOV.

Xopo1] elvat o evBVYPOLLO TULLO TOV EVAOVEL dVO TLY OO0
onpeia Tov KOKAOD.

AmooTipo xopdng Aépe to KaOeTo EVOVYPALLO TUN O TOV
GyETOL OTTO TO KEVTPO TOV KVKAOL TTPOG TN XOPON.
AwdpeTpog KOk ov givol pio yopdn mov di€pyetal amnd To
KEVTPO TOV.

XUykpron T6Emv

Ioa Aéyovtan 500 TO6&M OV [e KATAAANAT LETATOTIO TAVE®
GTOV KOKAO GUUTITTOVY TO AKpa TOVS. AlopopeTikd To T6E0
TOL 01010V TO GKPO gival E6OTEPIKO TOV GAAOL TOEOVL givat
T0 HikpOtEpo. H adyrpion tolwv Exel vonua otov 1o t1oéa
ppiokovtor arov id10 KOKLO 1] o€ i600S KOKAOVG.

Erixevrpy Aéyeton pio yovio Tov £yl TV KOPLEOY TG GTO
KEVTPO VOGS KUKAOV. Ot TAEVPEG TNG EMikeVTPNG Yo Viag opi-
Covv oTov KOKAO TO avTicToryo T6Eo TG emikevipng yoviog
Kot Aépe 6t yovia aivel oto 6o AB.

Yyéon enikevTpg YOViog Kol avTicTolov T6Eov

AYo T6Ea £vog KUKLOV givan ioa ,av KoL povov av, ol avTi-
OTOLYEC EMIKEVTPEG YOVIES TOVG givor iGEG.

O

AmTOGTN L0

SLapeTPOg

A

AB=TA ©o0=9¢
BA<AB < BOA<AOB
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Apecsa cvpmepaivoope ot

e Kabe diduetpoc diaipel tov kvkAo oe 000 ioo t0la moOv A&yovTal
NUIKDKALOL.

e Abo kabeteg O16UETPOL O10IPOVY TOV KUKAO G TEGOEPA. o0, TOLO. TTOV JEY0-
VIOI TETOPTOKVKALA.

* Abo 100 evog KDKAOD EIVaL AVITQ OTAY O AVTIOTOLYES ETIKEVIPES PWOVIES TOVG
elvou emioNS avioeg.
e To péoo kabe tolov eivar povadiko. A B
M
Métpo 16&0v Kol YoViag
Métpo t6Eov eival o OeTucog aplBpog mov ekepalet T oyéon Tov T6&ov e To TOEO Lag
poipag. Té&o prag poipog eivot 1o 16E0 mov avtictolyel o€ emikevipn Yovia pog poipag (1°).

Métpo yoviag eival To péTpo tov T6E0v 610 0moio Paivel av TNV KATOGTGOVLLE EXIKEVTPT.

B. MEG®OAOAOTI'TA AXKHXEQN

Kdavoope éva oynua kot onpeidvoovpe Tig ioeg yovieg He to 1310 YpAULOTo Kot EXOVILE

oY pog T ENG:

* Ot GUUTANPOUATIKES YOVieS Exovv GOpotaua 90°, ot TaPATANPOUATIKEG YOVIES EYovV
aBpotopo 180°.

* H d1yotopog piog yoviog t yopilet o€ 800 ioeg yovieg.

* O1kataxopuvenV yovieg elvat ioeg.

I. AYMENEYX AXKHXEIX

Aocknon 1
No am0dieTe 0T 01 51(0TOIOL HVO EQPEENS TAPATANPOUATIKAV YOVIOV EIvOL KAOETES.
Avon

Apxkeiva amodeiovpe 6tin yovia AOB givar 90°. A
ZNUEUDVOVUE TIG 1GEG YOVIEG TOL GYNLATOS KoL £XOV-
ue:

20+2¢=180" < 0+¢=90" < AOB =90".
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Aoknon 2
N0 vToLoYIGETE TOV AYVOGTO X GTIS TUPUKATO TEPLTTMOCELS.

z 6=3x-1 6=3y-3
~_6x-12 oS
3
0 y y
| © ; | ©
® X
0 i A o

Avon
L. O1ymvieg ® kat O givotl GUUTANPOUATIKEG,0TOTE EYOVLE:

6x—12°

0+0=90" & £3x—1°=90" > 6x° —12° +9x = 3° = 270" &>

15x =285° <& x =19’
. Ot yovieg ® kot 0 lvot TapanAnpOUOTIKES,0TOTE EYOVLE:

©+0=180" & x+5° +3x—3 =180" < 4x = 178" & x = 44,5
ut. Otyovieg o kot 0 elvot KaTokopLENV ,0TOTE £YOVLLE :

0=05x-7"=x-1x"-5x+6'=0"x=2°" | x=3°

Aoxnon 3
Ocwpovpe apPireio yovia AOB ka1 670 £60TEPIKO TS TNV Nugvdeia O L OA. Av OA,

OE 01 010T6p01 TOV YOVIOV AOB ko1 BOT' ovTioTOLY U, VO 0T0dEiceTE OTL AOE = 45",
Avon

A
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Av 0VOpLAGOLLLE TIG {0EC YOVIES [LE ® KO ¢ OT®G POAVETOL GTO SUTAAVO G KoL TN YoOVvio

X+

I'OA = x , apkel va amodeiovpe Ot @+ X =

X+ ,
‘Exovpe ¢ +X =T<:> 2(p+2X=X+(0<:> 2(p+X =, TOL 1oYVEL
Aoknon 4
"Eoto A,B onpeio nuikvkiiov kot M 10 péoo tov T0Eov AB .

— PA+PB
i. Av P onpeio Tov nuikvkAiov Tov 0V aVI|KEL 6T0 AB té1e amoodsi&te 6TL PM = —

— — TA-TB
ii. Av X onpeio Tov T6&ov MB 1éTE amodci&re 6T M = ——— .

Avon

i. A@ov 10 M givar péco tov to&ov AB givar AM =MB .
Tote éyovpe:

ﬁ+@_ﬁ+ﬁ+2m_2ﬁ+2m_
2 2 2
2APA+AM) _

:f:PAJrAM:PM

SA-SB 2M+MA—(MB—2M) S —

ii. = =M
2 2

)

Aoxknon 5
Me Béion To Simhavé oYIa VO VTOLOYIGTOUY OLXKOLY A T

av AB = 2x, Bl =2y + 3 ka1 AA = 200°. n
Adon
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Eivor AA = 200° < AT +TA =200° <
180° + TA =200° <> TA = 20° < 2x = 20° < x = 10°

AB+BT =180° ¢ 20° +2y+3=180" < y = 78,5°

Aoknon 6

Yg KokA0 (0, p) maipvovpe onpeio I' ko ypagovpe tov kokio (I, p). Ovopdlovpe A éva koo
onpeio TOV KOKA®V kot @épvoope Tig o1opétpovg AE ko AZ 1ov koxkrov (0, p) ko (T, p)
avtictoyo. Na oyl 6T 10 ev0VYypappe tpqpote EI' ko OZ givor ico.

Avon

Eivar ATE = AGZ (nukdxiio icov KOKA®V) Kot A® = AT (16&0 TV icwv yopdmv AB Kot

AT). Apa Er=0Z (Sropopés icmv To&wv). Enopévag EI = OZ (wg xopdéc icmv toémv).

Aoxknon 7

Avo yovieg AOT ko BOT £yovv kowvi] Kopo@1}, Koivi] Thevpd Kal dev givar e@e-
Eeig. Na de1y0ei 6111 YOVia TOV 1 0TOROV TOV YOVIAV €ival iGN pE TNV NULOLO.QO-
Pa TOV YOVIDV.

Avon

Dépvoupe Tig OK, OA dryotdpovs tmv AOT «at BOT .

AOr BOI' _ AOT-BOT

Eivat AOK =B—6 =
2 2 2
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Aoknon 8
A6 onpeio O pog gvbeiag AB @épvovpe Tpog To id10 pépog s AB nuigvleieg OI km
OA tétoeg dote, o1 yovieg AOT, I'OA kot AOB va givan dradoikéc. Av OK kot OH givon

01 010topol TOV Yoviov AOT ko BOA avtictoyyo kot KOH =100°, va vmoloyro0ein
yovie FOA.

Avon
A I
H
K
X
B @ %) A
(0)

Eivalt ¢+X+®=100° < 29 +2% +20 =200° (1)
Axopo givor: 20+ X +20 =180° 2)
Amo 1ic (1) kat (2) £xovpe X =20°.

A. IMPOTEINOMENA GEMATA

1. Na vroroyicete T yovio © og Kabepio amd T TapaKATO TEPUTTAOCELS:
1. 1] YOVio © €ivot TETPATAGGLO 0O TV TOPUTANPDLOTIKTY TNG.
. 1 yovio o givat katd 10° pikpotepn amd TV GOUTANPOLATIKT TNG.

L. 1] TOPOTANPOLOTIKTY TNG YOVING O KOl 1) COUTANPOUATIKY THG £X0VV AOpoIGHa
ic0 pe 220°.

2. No vToA0YIGETE TOV AYVOGTO X GTIG TAPUKATO TEPUTTAOCELS.

z

0° =4(x+1) 86° - 20° =90’
®° =2x- 6
0 y \
0 ()
o .
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3. No vmoAoyioeTe TIG YOVIEG @ KOl ® OTIG TOPAKAT® TEPITTMOGELG:
1. 01 YOVIEG eIVl GUUTANPOLOTIKEG KOL 1] SLOPOPE TOVG LoovTaL e To 1/9 g opbnig.

. 01 YOVieg vl TapumAn pOUATIKEG Kol 1) da@opd Tovg toovTat pe o 10/9 g opbng.

4."Ecto opbn| yovia x6y Ko oL ymvieg AOB ot TOA Tétoleg Mote oL Npevbeieg Ox
kat Oy va glvat avticTotya ot d1yotopot Tovg. Av ot nuevdeieg OB kot O Bpiokovton

GTO ECMOTEPLKO TNG x6y , 0gi&te OTL 01 AOT kot BOA ivou TOPOTANPOUATIKES.

5."Eotm o1t npievbeieg OA,0B,OI kot OA tétoteg dote N yovia BOT va eivat opHn. Na
VTOAOYICETE TN YOVia AOA av:
1. Ol Y®Vieg AOB a1 TOA givat ov LA PO LLOTIKEG.

L. 01 Y®ViEg AOB ko1 TOA sivar TOPATANPOLOTIKES.

6."Ecto o1 yovieg ® Kot @ 01 0moieg £(0VV KOV KOPLON, Lid KOV TAELPE Kot OV elvarl
epe&nc. Av 1 dapopd toug eivat iom pe 90°, dei&te 6TL N S10POPE TV SLYOTOUDV TOVG

gtvor ion pe 45°.

7. No vroAoytotovy to To&a AE kot A® o710 Suthavo oMU

av 1oyvouvv A® +EB =3AB kal @:%I/STD . o

A Tr

8."Ecto yovia AOB a1 nuevdeio OI 610 EcMOTEPLKO TNG TETOLN DGTE 3AOT =5BOT.
3AOA -5BOA

Av n nuievBeia OA eival ecmTepKn TG BOT va dei&ete OTL TOA = 5
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E TO EEXQPIXTO OGEMA

"Eoto t6E0 AB €vog KOKA0V (O,p) kot onpueio M téT010 OOTE aM="2MmB. Agi&te 6T1
v

yio toyxoio onueio X Tov KUKAOL ££@TEPLKO TOVL TOEOVL MA 1oyvEL

IM=——zA+—F _FB.
pt+v pnt+v







