ponia Eyyeypappéva kot

S1 6 EYYPOWING TETPATAELPA

A, AITAPAITHTEX I'NQXEIX OEQPIAX

EITETPAMMENA TTOAYT'QNA XE KYKAO

i)’ Evamoloywvo A A,A,...A, Aéyeton eyyeypoppévo o KOKAO OTOV 01 KOPLYEG TOL elvat
onueila evdg kKdHKAov.

ii) ' Eva moAbyovo A A,A,.. A Aéyetar gyypayipo ce KOKAo 6tav Lmopel va ypagel KOKAOG
OV VO TEPVE AT TIG KOPLPES TOV.

Oedhpnpo

Av évo molvyovo AALA; LA sival gyyeypappévo o€ KOKAO 01 pECOKAOETOL TOV

TAEVPOV TOV TEPVOVV 07T TO 1610 6N pEio.
Amooedn

‘Ecto t0 eyyeypappévo moldywvo A A,A,..A, 0o deifovpe

OTL Ol HEGOKADETOL GTIC TAEVPEG TOV, TEPVOVV OO TO 1010
onueio. Exedn ot mhevpég 100 moAvydVOL givat yopdEég TOV
KOKAOV, KoL ETELON 1] KAOETOG GTO HEGOV Lo YOPONG TEPVEL
and o KEVTPO TOL KOKAOV €metal OTL 1| HEGOKADETOL OTIC
TAEVPEG TOV TOALYDVOL TEPVOVV OO TO KEVTPO TOV KVKAOV.

Oedhpnpo
Eav ov v—1 peocokd@etor Tov mhevp@v evog molvydvov A A A, . A mepvodV amod To

1010 onpeio T0TE TO OLOY®VO Eivan EYypayipo 6€ KOKAO.
Amooedn

‘Eotm 10 moAbymvo A A,A;... A tov omoiov ot pecokddetol 6Tig v —1 mhgvpég Tov, mepvovv

ano 1o onueio K. Tote 10 onpeio K enedn aviket o€ kabe pio omd tig v—1 pecokadétovg
Ba 1ooméyel omd Ta AKpa TOV TAELP®OV SNAOON:

KA, =KA,, KA, =KA,.. KA, =KA, = KA, =KA, =KA, =..=KA, .
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Apa ov pe kévtpo to K kot axtiva to KA ypdyoope kOkAo avtdg 0o mepdoet omd OLEG TIg
KOPVOEC KO ETOUEVMG TO TOADYMVO E1VaL EYYEYPAUUEVO GE KOKAO.

EITET'PAMMENA TETPAITAEYPA

Ozopnpo
OvamévavtL Yyovieg KAOE eyyeEYPARPEVOD TETPATAEVPOV EIVUL TOPATANPORATIKEG KOL
avTicTpoQa.
Anodein
'Eot® ABI'A éva eyyeypoppévo tetpdmhievpo . @épvoope tig KB,
. K . K
KA kot égovps: A =—2(1) xou I'=—(2).
oune: A=22(1) ko £=52)
A A g + K A A N A A
Apa A+T=— 5 Lo A+l = 360 < A+ =180°
Avtiotpopa

Av 01 aTTEVOVTL YOVIEG EVOG TETPATAEVPOV EIVUL TOPUTANPONATIKES TO TETPOATAEVPO
glvor gyypayipo o€ KOKAO.

Anodaitn

‘Eotw ABTA éva tetpdmievpo mov €YEL TIG AMEVAVTL YOVIES

A+T=180° (1) Ba dei&ovpe Ot givan eyypayipo. I'pdeovpue
TOV KOKAO OV TTepVa amod ta onpeia A, A, B kot éotm 0Tt dev
nepva and 1o [, 1ote O tunoet v BI' 6” éva onueio I' didpopo

tov ['xon éyovpe: A+T7=180° (2) . Amo tig (1), (2) énetan

I'=T", mov eivou dromo.
épropo.
Kabe opboyavio eivar eyypayiuo o€ kbkAo kail avtioTpopo.

Ozopnpo
H eEmotepikn yovio KGOE eyyeypappévov TETPATAEVPOV EIVAL iG] HE TNV ECMOTEPIKI] KOL
OTEVAVTL KOL OVTIOTPOPa.

Amodain

‘Eocto ABIA éva tetpdmievpo eyyeypoppévo o€ kOKAo, Oa

deicovpe 611 p=A . Eivan o+1=180° (1) (svbeio yovia) kat
[+A=180° (2) (amévavtiymvieg tov eyy. ABTA).

A

Ao 1ig (1), (2) émetan (f)+f:f+A:>(p:A.

Avtiotpopa
Av 1 €£OTEPIKN YOVIK EVOS TETPATAEVPOV Eival iG] ILE TV ECOTEPIK KOl OTEVAVTL,
TOTE TO TETPATAEVPO EIVAL EYYPAYINO GE KOKAO.
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Anodein
‘Eoto ABTA éva tetpdmievpo mov 1 eEmtepikn yovio ¢ = A(l) B deiovie 6TL AVTO givat
eyypbywo. Exyovpe ¢+1 =180° (2).

Amd g (l),(Z) énetar A+1 =180, emopévmg 1o ABIA gyypdaypo.

Ozopnpo

Y.g KGO eyyeypOpUPEVO TETPATAELPO OVO HLUOOYIKES KOPLPES
PrLEmovY TNV amévavTL TAEVPA VIO (6EC YOViIEG KAl
avTicTPOPa.

Amodeiln

‘Eotw ABTA éva tetpdmievpo gyyeypoaupévo og Koxio. Tote

¢ =p ywrieivor gyyeypappéveg mov Baivovv 61o id10 16&o TA.

Avtiotpopa

Av 6€ £v0, TETPATAEVPO 00 SLUd0YIKES KOPVPES, PAETOVY TNV ATEVAVTL TAEVPA VTT6 ioEG
YOVIES TOTE €lvan €yypayiLpo.

Amodeiln

"Eotm ABTA éva tetpdmhevpo 610 omoio ¢ = V(1) . Oa deilovpe

0Tt etvan eyypayipo. ‘Eotw 6t to ABIA dev glvar eyypdyipo,
TOTE 0 KOUKAOG TOV TEPVA amd TIC KOpLYég A, A, T Oo tunoet
mv B o’ éva onueio B” d1dpopo tov B. Dépvovpe tnv B'A t61e

¢ =p(2) wg eyyeypappéveg mov Paivovv oto id10 t6E0 AT .

Ano tig (1), (2) énetar 6L p =V , MOV ElvaL GTOTO.

Ozopnuo
Ka0g 1cookeréc Tpoamélio ivor eyypayipo 6€ KUKAO Kol avTicTpoQa.
Amodeiln

‘Eoto 10 1600okerég Tpamélio ABTA. Eivau A+A=180° 1) og A B
evTOg Kal enl Ta avTd péEPN TV Taporiniov AB, AT wov
A r

tépvovtoat amd v AA. Eniong A= f(2) MG TPOGKEILEVEG OTN

Baon AL Ao 11g (1), (2) émetan A+T=180° ,apa 10 ABTA
elvat eyypayipo.

Avtiotpoga

Ka0e eyyeypappévo 1panélio 6g KOKLO, £ival 1IGOGKELEG.
Am6o€1EN

‘Eotw ABTA évoa tpanélio eyyeypoupévo oe kdkAo. Emedn eivar AB|[TA émeton

A+A=180° (D) . Enedn givat eyyeypappévo ioyvet : A+ A=A+T =A=T, apd o ABI'A

elvat i.cookerég Tpamédio.
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BAXIKEY E@APMOI'EX

Hopaoderypo 1. Avo kOkAor Tépvovtor oto A, B. Ano ta A, B gépvovpe 600 Tépvovoeg

T'AA ko1 EBZ. No amodci&ete 6101 yopdéc I'E kol AZ givar wapa
Anooain

Ddépvovpe v AB to18 O = ]::(1) yoti 1 ¢ eivatl e€wtepikn 610
eyyeypappévo ABEL @+ Z =2 o0pbéc. (2) yioti eivar anévovtt
yovieg tov gyyeypoappévovr AAZB. And 1ig (1), (2) €xovpe
E+Z=20pbég. Emopévag I'E||AZ .

AAnheg.

Hapdaderypa 20. Aiveton eyyeypappévo Tponélio ABI'A og kOkho (K,R). Na anodecifete
0T 0 KUKLOG OV ePVa amd To. B, K, A, mepvd kon amd to onpeio Tng Top)g TV pun

TOPUAMA®V TAEVPAOV TOV.

Anodeitn
Enedn 1o tpanélio ABIA eivat eyyeypapévo Oa givat tcookerég

Kol EMOUEVMC B=I'=%. An6 10 tpiyovo EBI éxovpe
E+%+%=180° & E+2%=180°(1). Enedn 6pog K=2%

(eyyeypappévn xat n avtictoyn emnikevrpn) n (1) yivetau

E+K =180° , pa to EBKA gtvan eyypaypo.

Hapaderypa 30. Ané éva onpeio E Tov vyovg evog tpry@dvov ABIT pépvovpe Tig kG0eTEg
EZ, EH otigmhevpéc AB, AT avriotoryo. No amodeilere 6T1 10 BZHI givan eyypaypo.

Am6oe1En

INoa va det&ovpe 6t to BZHI givan eyypdyipo apkei va det&ovpe

ot I'+BZH =180°. Enedn BZE =90" apkeiva deifovps 611
EZH+1'=90°. Ané to AZEH mov &ivat eyyphyipo %
(Z2=11=90") n ZEH = EAH , siva 6pog EAH+T'=90° amd

B
10 opBoymdvio tpiymvo AAT, dpa ko ZEH+T =90°.

r

Hopadevypa 40. No amwodeitete 611 TO VYN KGOE TPLYOVOL
€ival O1(0TOLOL TOV YOVIOV TOV 0pOLKOV TOV TPLYDVOL.
Am6o€1EN

"Eotw ABI éva tpiywvo kot AA, BE, I'Z ta Oy tov, Ba dei&ovpe

0tt §=0®. To tetpanievpo BAHA civar eyypayiuo
B

(£=ﬁ=90"> épa ®=x (1).Opota y=¢ (2) am6 to AZHT.

A
H
15
A
A
/ZliH K
A r

Eneidn X = ¢ (amd to eypdypo BZHT) and tig (1), (2) &xovpe §=0.
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IEPITET'PAMMENA KAI ITEPII'PAYIMA TETPAIIAEYPA

i) 'Eva tetpdmievpo AEyeTon TEPLYEYPARREVO GE KUKAO OTOV Ol

TAEVPES TOV EQPATTOVTOL GTOV 1510 KOKAO.
ii) 'Eva tetpdnievpo Aéyeton meprypdyipo o KOKAO OTOV

pmopel va ypaeet KOKAOG TOL VoL EQATTETAL GTIS TAELPES TOV.

B ME®OAOAOI'TA AXKHXEQN

T'ia va amodeiéovue Ot Eva TETPATAEVPO EIVaL EYYPAYIIO ATOOEIKVDOVUE EVO. GO TO, ETLO-
ueva (kprenpia)

1. Abo amévavtt yovieg Tov glval TapomAnpOULOTIKEG.
2. Mio e&mtepkn yovio, Tov €volion L TV OTEVOVTLECOTEPIK.

3. A¥0 31000Y1KEC KOPLPES, PAETOVY TNV OTEVOVTL TAEVPA [LE
ioeg yoviec.

T 070 SmAOVO oyfjua toxvovv: A, =B, , I, =A,,A,=A,, T, =B,
B+A=180", A+T =180
gzﬁeé ,g:f‘gé ,EZKSY; ,f‘—;&sﬁ

Tia va amodeilovue 0t1 évo. TeTPATAEVPO EIVAL TEPIYPAYIUO ATOIEIKVDOVUE EVO ATO TO,
emoueve, (kpitnpia,)

1. Ot dyyotdpol TOV YOVIOV TOV d1€pyovtal and to {510
onueto.

2. Ta aBpoicpato ToV amévavtt TAEVPOV TOL givat ioa.

AB+TA=AA+ BT
OA, OB ,0I' ,0A : dyyotopot
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I. AYMENEYX AXKHXEIX

Aoknon 1
Yto Tpiywvo ABI o eyyeypappévog KOKAOG £QATTETAL 6TIS TAEVPES, 0T onpeia A, E, Z
K01 0 Tapeyyeypoppévos KOKAog epdntetal ot BI' 610 H ko otig AB, AT 6to M ko K.
No o€iete 0TL 1000V
i.AZ=AE=7t-0

ii. AM=AK=1,ZM =0

iii. HA=|B-7v|

Avon

i.AE=AZ=AB-BZ=y-BA=y—-(0—Al)=y—a+TE=
=y—a+p—-AE.

B+y—o _

Onoteeivar: 22AE=P+y—a < AE=AZ = T—0

Eniong: BZ=BA=1-B,TE=TA=1-7.
ii. Eyoope AM =y+BM, AK =B +TK kot AM = AK.

Tote eivon

2AM=B+y+BM+ITK ©2AM=f+y+BH+HI © 22AM =a+p+7 <
AM:%B—PY:'[K(H M=AM-AZ=1—-(t—a)=qa

iii. Eivat HA=BA-BH=1-B-BM =1-B—(AM-y)=1-B-AM+y=[p—1]|

Aoknon 2
Kvkhog pe kévtpo K epanterar otic mhevpéc AZ ko AP yoviag
ZAP oto onpeio B ko I'. Av n AK tépver 1o kokro oto onueio O,
vo, o€yl 6TL TO O gival To £ykevTpo Tov TPLrydvov ABT.

Avon

H AK etvot diyotépog. Apxel va deiovpe 6tim BO gtvon emi-
oNg OOTOHOG.

Eivat ]§1 = Al , 06 Yovia eyyeypappévn ion pe m yovia
YOPON - EQUTTOUEVNG KOL ]§2 = AI ,010T1 givan 0&elec Yo-
vieg pe k4Beteg mhevpéc.

‘Etotetvon }§1 = ]§2 , oV orpaiver 6tim BO gtvon dtyotodpog g
yoviog B tov ABI. Apa to O givar £ykevipo tov tptymvov ABI.
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Aoxknon 3

A76 TV 010 GNUEID TOV TEPLYYEYPUPUUEVOD GE TPIYOVO KUKAOV QEPVOVUE TIG KADETES GTIG
TpeLs Thevpés Tov. Na g1yl 611 Ta iyvn TOV TPLOV KeOETOV Ppiockovtal o gvbeia
ypopp (evBeia Simson).

Avon

To tetpamievpa AZME kot MZAT givat eyypayippo opov ta
onueia Z, E BAémovy 10 MA pe opb1 yovia kot ta onpeia Z,
A BAémovv to MI pe opOn yovia. Ondte

Ml = 21 Ko 1\A/[2 = 22 . Apa, 21 = Zz Tote gtvan

Zl +EZI =180° < 22 +EZI =180°, gmopévog n EZA givan
evbeta.

Aoknon 4
Yto kvkho (K,R) maipvoope ) drapetpo I'A. At 6vo onpeio A ko B Tov id100 nuikdkiion
oépvovpe Tig omootdosis AA ko BB oy I'A. AvIE givaan amdéotoon Tov I' amdé tnv gvbseio

AB, vo deyy0¢i, 6T @) EB//AA ,B) TEA'=EB'A'.

Avon

o) Amd T0 eyyparyio ETA’A(TEA = AA'T, =90°)
€yovpe:

TEA’ = Al Kol Al = Al ( &xovv kdBetec TACVPES ).

Amd to gyypaypo tetpdmigvpo EIB'A éxovpe: EBT = ]§1

kot A, =B,, A, =EBT < EB'//AA .

A

B) Eivar axopa: TEA =T, = Al =B, =EB'A’".

Aoknon S

Avo kvkhrot (A,R) kot (B,p) epantovror eEmtepikd oto K. Av A, EZ ta kowva eEoTepikd
gQomTOpEVE TUROTA, VO. €LY 0l O0TL: TO TETpaTAgVpo TAEZ givar meprypdyipo o€ Kv-
KAo.

Adon

"Ecto P to onueio, To onpeio TopNG T@V KOOV EQOTTOUEVOV TOV KOKA®V. ATO T0 IGOCKE-
M) tpiyova PAE kot PI'Z éyovpe:
2 +P=2A+P=T=A=TZ/AE.
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Apa to ZI'AE eivar tpanélio. Eneidn TA=EZ 1o
ZI'AE eivaricookerés tpanélio. DEpvouyle TNV E0TEPL-
N epantopévn HO. Tote AH =KH =TH (ica gpantd-
peva tpuipate). Apa to onueio H kot © etvar ta péca tov

I'A xou EZ,tov onpoiver 6tt HO// = @ (1). Eneon

KH = % kot KO = E—ZZ éyovpe HO = FA+EZ (2). Apa

I'Z+AE =TA+EZ ,nov onpaivel 61t 1o tetpdmievpo ZI'AE givar meptypdyipo og KOKAO.

Aoxknon 6
Xe opBoydvio Tpiyowvo ABIU (f‘ =90°) ,va deyteiom: p+y=2p+a.

Avon
To OAT'Z givai tetpdymvo, apov 1oYHovV : A "
(f:A=Z=9O°A=ozzp). 1 &
P v
EnopévacTA = I'Z=p. Elvan kot AA = AE xoau BZ=BE (g Ap ‘?
ioa epantdpevo tunpata). Apa
PanTOUEVOL THHOTA). AP T — B

B+y=TB+TA=p+v+p+p=2p+(n+v)=2p+a.

Aoknon 7

Tpiyovo ABT givan gyyeypappévo og kokro (K,p). ®épvoope Ty gpomtopévn 610 B ko
gvBsia € mopdiinin oty gpamTopévn avtiy, Tov TépveL v BI 6to onpeio E ko tnv AB 6710
onpeio A. Na dgiete 6TLT0 TETpamTAcvpO AAET givon eyypaypo.

Avon

Eivonr ¢ = r ,C YOVia xopdfg Kot epamTopévng mov eival ion
LLE TNV avTioTolyn £YYEYPOULUEVN .

Eivar ¢ = BAE ,a900 AE mopdAinin oty epantopévn. Apa
BAE=T ,TOV onpaivel 6t to tetpdmievpo ATEA givor eyypd-
Yo, apov N eEmtepikn yovia BAE eivat ion pe v anévavtt

eootepkn I
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Aoxknon 8

Aiveton 160o6kerég Tpiywvo ABI (AB = AF) .Dépvovpe to Yyog AA” kot éotm E To
opBokevTpo ko K 1o péoo 1o AE. I'pagovpe Tov kokho pe kévrpo K ko axtiva KA , mov

Tépver v Al 670 A.
No dcigete 0TI A'A g@dnteTanr otov kUKo (K, KA).

Avon
To tetpanievpo EATA’ elvar eyypayipo ,apob ot yovieg A Kot A
A’givorl TapomAn poLoTIKES. oo
Emopévog EAA' =EfA' =6 ,0G EYYEYPAUUEVES GTO 1010 TOEO. K
Axopa eivar ETA'= A’AB=AAT =§ (agod AA’: Hyog kat 2 EAZ
r N B

d10TOOG 1600KEAODS TPLYDVOL). Apa EAA’ = A’AT LONA. M

A’A glvor epamtopevn.

Aoxknon 9

AgiEte 6T1 0 KOKAOG OV déPyeTaN 076 TO péca TOV TAELVPAOV TPrydVov ABI d1€pyeTan kon
016 To. iyvn TOV YYeV 100 TPrYOVOL.

Avon
O kvkhog mov diépyetor amd ta pécsa E, A kot Z tov tprydvou
ABT diépyetar kot amd to tyvog H tov dywovg AH, av dei€ovpe A
ot to tetpanievpo EAZH elvar eyypdyipo.
I'’avtd apkeiva dei&ovpe 6Tt AZT = AEH . E a
Eivatr AZI' = EAZ , 81611 EA//BT. To tetphmievpo EAZH elvon K
B Ir
H 4

oookeLéC Tpanéllo, omoTe AEH = EAZ . Apa AZT = AEH .

Opoto amodetkvieTat Kot Yo To, VITOAOUTa V).

Aoknon 10

Av 1) 01(0TONOG TS YOViNGS A , Tpry®@vov ABI, tépvel Tov mepryeypappévo Tov KVkiov oto M
Ko 1) d1(0TON0G TG YOViag B Tépver v AM 670 A, va dgiéeTe 0T1L TO TPpiy®vo MBA givar

>

I\J|W>

1600KeAEG.

Avon
Emnedn n AM etvou diyyotdpog g A , Qo oyoer: A=A, =

.Eniongkat B, =B, =

N | >
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a@ov 1 BA givat d1yotdpoc g B CEyovpe:
e M=T ®G EYYEYPOUUUEVES YOVieg TOV PBaivovy oTo T6E0
AB.

« MBl'= A2 MG EYYEYPOUUUEVEC YOVieC OV Paivovy 610

1680 ML .
Omnorte:

A A

« BAM =180° —ABM — M =180° —(90" —gj—f =180° —90° +%—f=90° -

A

A A A
Apa ABM = BAM =90° —g ,0mote 10 MBA elvat icookeréc e kopuen to M.

Aoknon 11

Avo koK oL TEpVOvTOL oTo onueia A ko B. Ao To A @épvovpe gv0gia ToL TEPVEL TOVS KV-
Khovgota I, Akaramo o B pépvovpe svbeia mov Tépver Tovg kokhovg I' ko A’. Na dgiéete
oTLoLopdég I'T kot AA” givon wopdrinies.

Adon

Eivar BAA=® xa1 BAA =@ ,0¢ eEntepikég yovieg eyye-
YPOUUEVOL TETPOTAEVPOV TTOV gival i0Eg avTioTOLYO LE TIG
OTEVAVTL ECOTEPIKES.

Apa &= < AA//TT’

Aoknon 12
Xg o&uyovio Tpiyovo ABI, Osowpovpe Ta Yyn Tov AA ko1 BE kot é6teo H t0o 0p0B6KevTpo
T0v. X710 EI’ maipvoope tupo EZ = AE. Na dgigete 61 TO

teTpamievpo BHZI givon eyypayipo o€ kKOKAO. A
A%
Yvon .
10 opBoydvio tpiywvo Agl” (A = IL) €xoupLe: 7
A+T=90° = A, =90°-T (1) B LA r

A a
Opoiwg amd to opboydvio tpiyovo BET (E=1t) €yovpe:
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B, =90°-T (2)

To AHZ civatr tcookerég, aeov to HE eivar dyog kot didpecog, dpa
PO (VI R N

Z =A&7Z =90 -T'<Z =B,. Apa 1o tetpanievpo BHZI givar eyypayipo agov pio
eETteptkn ToL Yovia elvat ion He TNV OTEVOVTL ECOTEPIKT YOVIO.

Aoknon 13

A7 éva onpeio O Tov Hyovg AA Tprydvov ABI, gépvoope o Tpipoto OM ko OA kdOeto

otig Thevpéc AB kot AT avriotoryo. Na dgiete 0TLTo TETpaTALVpO BIAM givan gyypayipo
6€ KOKAO.

Avon
L A
Eivar Mi =0, ,0900 10 AAOM eivar eyypdyipo xat M
(:)1 =T ,apoV 10 OATA eivar eyypdyipo. Apa M =T ,mov | A e
onpaivet 611 10 teTpamievpo BKA givat eyypdyipo ,apo0 n B
eEmtepkn yovia elvat ion pLe TV anévavtt EcOTEPLKT. I —A

Aocknon 14
Xeg tpiymvo ABI @épovpe 1o Yyog Tov AA. Aé Toyaio enpeio M Tov AA @épovpe Tig
anootdoels 1ov ME kor MZ an6 Tig AB kon AT avricTorya. Na dci&ete 6TiTo BEZI givan
gyypaypo.

Avon
To tetpdmievpo EMAB givat eyypayipo, agov
BEM +BAM =90° +90° =180°.
Apo B+EMA =180° (1)
Opoimg kot o tetpanievpo AEMZ egival gyypayipno E
(AEM + AZM = 90° +90° =180°) , ondte n mievpd tov EM
paivetal amd T1Ig KopLPEg A Kol Z vio 166 YOVIES. A
Apa EAM =EZM (2).
>to tpiyovo AEM 1 EMA eivat eE®TEPIKT, OTOTE:
EMA = EAM + AEM < EMA = EAM+90° (3)
Y10 tetpamievpo BEZI éyovpe:
R N R A A D L R o) . A~
B+EZl = B+(EZM +MZI') = B+ (EAM +90°) = B+ EMA =180°
Apa 1o BEZT givat eyypdyipo, agod 600 amévavtt YOVIES TOL E1val TOPUTAT POUOTIKES.
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Aoknon 15

Y yovia XOW naipvovpe T oy otopo OA Kot 10 €6TEPIKO TNG onpueio P g Af)\v . Av
A,B,I" givar ovtpoforés Tov P otig nuevdeisg OA, Ox, Oy, va derydsi 6T

a. Ta onueia O, B, A, P, T givon opokvkika

B. AB=AI.

Adon 2

a. Ta tetpanievpa APBO kot I'PBO, givat eyypdyipae otov Ko- K
kAo ov diépyetat amota onpeia P, B, O, agov £yovv Tig ané- XF :
VOVTL YOVIEG TOPATAT P D LLOTIKEG. y
Apa taonueia O, I, A, P, B eivat opokvukAIKA. 2 i

B. Emiong elvan (51 = 62 , Gpo kat AB=AT ,OMAL.AL = AB. A

Aoknon 16
Avo kikrot (K, R) kan (A, p) pe R> p gpantovror eEmTepikd 6to onueio A. Amé To onpeio
A Tov KUKAOV (A,p) @épovpe VOEIN TOV EQATTETAL GTOV KUKAO (A, p) KOL TEUVEL TOV KUKAO

(K, p) oto onpeia B, I. Na 6ciéete 0TI AA givar eEmTepki] d1(0TONOG TS YOVING A Tov
Tpryovov ABT.

Avon

Apxkeiva dei&ovpe otL: BAA = AAA

>to tpiyovo ATA N AAA siva eETEPIKT TOV YOViO, OTO-

te: AAA = ATB+AAE (1) R N

DEpovLE TNV KOV ECOTEPIKN EQUTTOUEVT] TOV dVO K- “V
KAV, 1 oroio tépvel g I'A oto E. Tote EA = EA cav epan-
topeva tuqpata ond 1o E mpog tov kOkho (A, p). Apa

AAE = AAE (2) cav mpockeijeveg yovieg otn fdon 1oo-
GKEALOVG TPLYDVOVL.

Eniong EAB = AI'B (3) d10TL N yovia and yopdn kat e-
pantopévn etvat ion pe tnv eyyeypappévn mov faivel 6to avtiototyo 160 .

2 . ~ ~ ~ ~
H ()= AAA = EAB+AAE & AAA = BAA

Aoknon 17

Xg1piymvo ABI ypa@ovpe TIC EPUTTONEVES TOV TEPLYEYPOURPEVOD KUKAOV 6TIC KOPLPES B kon
I, mov tépvovtan oto onueio M. Av ILE P sivan ov wpoforés Tov M oTig mhevpés Tov prycddvov AB,
BI, TA avticTtorya,va d¢ilete 6TLTO TETpaTAEVpO MITXP givon moparinroypappo.
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Avon

To BEMIT kot ZMPT gfvon eyypayipa ,apo0 Exouv TG amévovTt
YOVIEG TAPATANPOUATIKEG. ATTO QLT EXOVLLE TIG IGOTNTEG:

3, =B, ==IMP =0,k 3, =0, =B=§¢ . ApaIIZ//MP kat
MIT//ZP ,6mA. To MIIXP givatl TapalAnioypoppo.

Aoknon 18

Av 1 d1(0TOPOG TG YOViag A Tpry@vov ABIT tépver Tov mepryeyypappévo KUKAO TOV
TPLYADOVOVL 6€ oNUELD A, va d€ieTe OTL:

a. To Tpiymwvo IBA givar woookeréc, 6ov I eivar To eykevtpo Tov Tpryovov ABT.

B. To onpeio A givar Tepikevto 1oV Tpry®dvov IBI.

Avdon

a. ®épovpie T1g d1yoTOLOVS TOV YOVIdV A kat B tov tpry@vov ABI, ot omoieg tépuvovtal

oto £ykevtpo L. Tote: Al = A2 :% kot B, =B, =§ .20
tpiyovo IBA éyovpe:

* N yovio tov BIA eivatl e§otepikn yovio tov tprydvov
ABI, onote:

oo i B A A+B r
BiA=B +A =—+2 =27
2 2 2
¢ IBA=B, 4B, =B, A, 2+ D220 ugos

A A

B, = A, cav gyyeypappéves yovieg mov Baivovv 6to 1610 T16&0 TA. Apa BIA = IBA
ondte to Tplyvo IBA givotl icookehég e Kopven to A, omote: AB=AI (1)

A A

B. Emedn| ot eyyeypappéveg yovieg A,, A, eivar ioeg, Oa eivar ioeg kot o1 avrtiotolyeg
¥0pdEG Tovg, dnradn AB=Al" (2)
Am6 (1) ko (2) égovpe: AB = Al = AT, dnhad1| to A 1ooméyet oand TIg KOPLPEG TOV TPLYDOVOL
BT, dpa givor to mepikevtpo tov.

Aoknon 19

Ye tpiymvo ABIT gépvovpue Tnv or(oTopo Tov AA KoL YPAaQOVUE TOVG TEPLYEYPUARREVOVG
KUKAOVG 670 Tpiyova AAB kor AAT wov tépvovuy Tig mhevpéc Al kot AB ota onpeio E
Kol Z avrtiotoyyo. No amwodeiere 611 BZ=T'E .
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Avon
DOépvovpe T1g AZ ko AE kot svykpivovpe to tpiyove BAZ kot AET. Avtd £yovv:
AE = AB kot AZ = AI' cav x0pdég icmv to&mv, Kot A] = Az (ywatin Al A oG eEMTEPIKN

Tov AZAT, dpota Az =A cav eEwotepikn tov AEAB).

Apa ta tpiyova BAZ kat AET givat ica kot omd v oot ta avtdv Enetot 6tteivor BZ=TE .

Aocxnon 20

Xeg 1piyovo ABI Oswpovpe ta vyn Tov BA kan I'E. Av H 10 0p0O6KEVTPO TOV TPLYddVOL
ABT, M 10 péoo tng mhevpag AB kot N 10 péco tov HB, va amodei&ete 0T TO TETPATAED-
po AMEN givan gyypaynpo.

Avon A
¥10 opboydvio tpiywvo ABA 1N MA givot 1 31apec0g TOv
mov avtictolyel otnv vroteivovcsa tov AB. Apa A

M
AB , . , .
AM = > =AM . Zuvenng 1o tpiyovo AAM glval .cooke-

=7

Aég pe kopuon to M, omodte Al =A (1) og mpookeipeveg B r
yovieg otnv Bdon tov AA. Tote yuo tnv eE@Ttepikn yovia
R R IO N A
M, tov Tpryd@vov AAM £yovpe: M, = A+A &M, =2A (2).
To tetpdmievpo AAHE éyxet AAH + AEH = 90° +90° =180° dNradn 600 anévavil ymvieg

TOV ELVOL TOPATANPOUATIKEG, OTOTE Elval eyypayipo. Zvvendg Oa woyverott H = A (3),
AoV KaOe eEMTEPIKT| YOVIN EYYPAYLLOV TETPATAEVPOD ELVaL (G LLE TNV OTEVOVTL ECOTEPIKT.
Y10 opBoydvio Tpiymvo BEH 1 EN eivau didpecog mov avtistolyet otnv vroteivovso BH.

Apa EN = % = NH . AnAadn| to tpiywvo ENH eivat icookerés pe kopoen N. Apa 1311 = I:Zl

(4) oc mpookeipeves yovieg otn fdon tov. OmoTE Yo TNV EOTEPIKT TOL YOVia Nl £yovpe:

Y () I . G N
N, =E, +H, &N, =2H, & N, =M, . Apa to terpdnrevpo AMEN eivar eyypdayipo, apod

pio eEmTepKN Yovia ToL givat iom LE TNV AmEVOVTL ECMTEPIKT.
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A. IMMPOTEINOMENEX AXKHXEIX

1. e tpiyovo ABI ypd@ovpe ToV mepLyyeypapLiléVo KOKAO LLE
kévipo to K. Av P 1o avtidiapetpiko tov A, M to péco g
BT, H kot ® 1o 0pfdkevtpo kot o BopOKevTpo ToL TpLy®VOD
ABT avtictotya,va dei&ete Ot
o. To PBHI givat mapoaAinAdypoyiio

v. Ta onueia H, ©, K elvar cuvevBeiaxd (vbeia Tov Euler)
0. HO =2-0K.

2. X¢g tpiyovo KAM, éotm O 10 éykevipo kor N 10 onpeio, mov m
dyotopog ™G Yoviog K tépvet tov teptyeypaipévo Tov kKokAo. Na

anodeitete 6t NM =NO =NA .

3. No amodei&ete Tt To D1 0ELY®VIOL TPLYDVOV Eival ECMTEPL-
k&G O1Y0TOOL TOV 0POLKOV TOL TPLYDOVOL.

4. Eotm 6v0 kbkAot pe kévpo O kot ITwov epdmtovton eEmtept-
k@ oto onpeio K. Ao o K @épvouyie gvbeia, mov tépvel tovg
KOKAOLG 6T0 onpeia P kan X avtiotoyya. @Epvovpe Ty Ko
eEmtepikn epantopevn MN. Av ot PM, N téuvovral oto
onueio A,va dei&ete 6t T0 TETpdImAcvpo KMAN givon eyypdnyt-

uo.

5. Xe kOKAo pe kévipo to K pépvouye pioyopdn I'A mov diépye-
o 0mo 10 péEco A yopdng TT. DEpvovLe TIG EQATTOUEVES K A
oto onpeio I ko A, wov tépvovy v gvbeio T ota P ko Z
avtiototyo. Na dei&ete 0t ot PX ko TZ givan ioeg,. 5
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6. ®cmpove 1600KeEAEG TPATECIO TETOL0 DOTE 1) SLALEGOG TOV Va. EIVOL
o pe pio oo tig pun mopdAinieg mievpés Tov. Na deiEete 6tL T0
Tpamélo eivor TePLyPAWILLO GE KOKAO.

7. Xe tpiyovo ABI ovopdlovpie A to éykevipo kat E to mapdicevtpo g
mievpag AL Na dei&ete 6t 0 TU 0 AE Syyotopeiton amd tov meptyye-
YPOLLLEVO KOKAO TOV TPLYDVOU.

8. TetpamievpoABIA givoun eyyeypappévo oe kikho (K, p). DEpvovie Tig
I'E kou BZ ké0eteg avtiotoyo otig BA,AT . No dei&ete 0t1 ot EZ ko
AA givor mapaAAnAec.

9. Abvo koKlot tépvovior ota A,B. Av X givat éva onpeio Tov AL
TPAOTOL KVKAOL Kot 0t ZA, B 1épvouy tov dAlo KOKAO oTa
I" kot A, va dei&ete 6T1 1 evbeia mov diépyetat amd 10 L Kot ¥
amd to kévtpo K tov mpdtov kvkhov givar kdBetn ot FA.
A

10. X10 tpiyovo ABI katackevalovpe Vo KOKAOVG, TOL dEP)O-
vt amd TIG KopueES Tov A ko B kan tépvouy tig migvpég AT o
BT o évagota onpeia A, E kot o GAhog ota onpeian A" kot E”. Na
deiéete OTLAE ko A'E” eivan mopdAAnAes.




Eyyeypoppévo kot gyypoyipa TETpamAsupo 173.

11. I'pagovpe kokro (O,p). Eotm K 10 pEco evdg kuptoydviov TOEov
AB kot I, A dvo onpeia Tov pn kuptoydviov 16&ov AB . Av ot
xopdéc KT kat KA tépvovy v AB ota onueio A kot M, va dety-
0ei 611 T0 TETPATAELpO TAMA €givar eyypdyipo.

12. I'pagovyie t dtapetpo AB kdxhov (O,p) Kot 300 xopdéc AT kot
AA 10V KOKLOL eKaTEP®OEV TNG SLAUETPOV. AV 1] EQATTOLEVT GTO
B, tépvel 1i¢ mpoekthoelg tov AL kot AA oto onpeio A ko M, vo, AT
dei&ete 6tL 0 TAMA givar eyypayipo e KOKAO.

13. Y10 pn mepryphyipo tetplmrevpo ABIA ovoudlovpe A
K,ALM,N, to onpeio 6mov T€UvovTal ot d1Y0TOUOL TOV Y-
viov Tov. Na derybei 01t to KAMN givar eyypdyipo og kbkAo.

A I

14. Av ot mhevpég AB kai I'A gyyeypappévou tetpdmievpov ABIA tépvovtar oto E kot ot mievn-
pég AA kon BT 6to Z ko dyyotopog e yoviog E téuver tig BI, AA ota onpeio K, M kot
1 S1(0TONOG TG V4 tépver tig mhevpéc A kat AB, ota A, P, va dei&ete otu:
0. Ot dyyotopot tov E kot Z tépvovran kabeta.
B. To tetpdmievpo KAMP, givor poppoc.

A. TO EEXQPIXTO GEMA

Y10 opOoymvio Tpiywvo ABI' (A =90°) £¢ot® O TO KEVTPO TOL EYYEYPUPPEVOV TOV KOKAOL
ko A, M xan K to onpeio emagig avtov pe tic mhievpés BI, I'A ko AB avricToyyo. Av P givan
n npoPoin Tov M otnv KA, va dcilete 61

o) To Tpiy®vo APT givar opBoydvio ko

B) Ta onueia A, M, O, P kon K, givan opokvkka.






