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Ayoamntoi ovvadergot,

®ilor padntég Ko padTpLeg

H xoawvovpywo pog oepd Bipiiov pe tov titho “BIBAIOpadqpate” dnpovpyndnke
oo (o 10€a pog yio. to teplodiko “Egetaoels” g Edevbepotumiog. [Tapovsidcape
oV epnuepida ta pabnquote, 6mwc yivovtal otov mivaka, ONUovpyOVTAS Yo TO
oKOTO OVTO TNV MOALTANOECTEPT GLYYPAPIKT opdda Tov €xel TOTE cLoTaDEL,
npoomaddvtog v eumelpio TG TAENG va TNV anoTtutdcovue 6to yopti. Tn
GLYYPOPIKT OGO OTOTELOVY KaONYNTEG GLYYPOQEIC KOTOEIUEVOL 6T GLVEIdNOM
YOVIOV Kot pofntdv ylo TNV motdTnTo. TG SOVAELNG TOVC.

H ocvAloyim avth mpoonddeia, sUTAOLTIGUEVY, GE GYECN LE TO VAIKO TTOV TOPOL-
oclaoTnke otnv gpnuepida, angvbivetal, apevog otov kabnynm mov 0élel va
TOPOVGLAGEL TO PAON A Tov 6TV TAEN pe po peBodkdTTA, APETEPOL GTO PIAOTOVO
pont) mov BéLeL va doPdoel, vo PHEAETIOEL KOl VO KOTOVOTIGEL TNV VAT, Y®pPIG va
OTOTOANGEL TOV TOADTIHLO YPOVO TOV.

'V avtd kabe pabnuo olokAnpaoverol 6’ évay Topo. X10 Pifiio mov kpatdte ota
¥éplo oaG TEPLEYOVTOL pia Gelpd amd véeg, oty EAAnvikm Bifiioypaeia, 0oKAcElS
Ka0OG Kot cLVOLUGTIKA OEpaTa.

O oxomdg poG: vo dnpovpynoovpe éva “gpyoieio 00VAELAS” yio OAOLS LaG.

H v\n yoplomke ce 12 BIBAIOpoOfqpote mov 1o kabéva mepiéyet:
® Ti¢ anapaitteg yvooelg Bewplag, pe mapatnpioelg yio fabitepn KaTovonon.
e Avpéva mapadeiypata, oto omoio Kotadewkvoetal 1 pebodoroyia emilvong
TOVG €
e AvpéveG 0lOKNOELG.
e To mpotewvopeva Bépata pe vrodellels - anavtoelg oe prié mhaicto.

e To “Eeyomprotd Oépa”.

Voot a6 T0Vg GUVUIEAPOVG EMOVLOVY VoL EYOVV TIC AVGELS TV OGKNGEMV, Y10, EAEYYO
TOV OTOVINCE®Y, Le yopd Ba Tig oteilovpe av emkovemvicovv podi pog. Emiong, Oa
0éhayle Kpioelg, Tapatnpnoels, KabMG Kot ETCNUAVGELS YU 0TI HoG TV TPpooTdOeta,
MOGTE M YOVIUT LT avTaALXYT omOWeY va fondnoet 6t Pedtioon TV HEALOVTIKOV
LOG EKOOGEMV.

H cvuyypaogikr opddo
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1. Baowad yeopeTpika oyfpoto

A AITAPAITHTEX I'NQXEIX OEQPIAX
HlpwTapyikés pyeueTpIkés Evvoleg

Tic évvoiec: onpeio, gvbsia Kot eminedo T1g dexOUAGTE MG
APYLKEG.

o>

« To onpeio dev éyel draotdoetc. [lapiotdveron pe o tedeio
Kkat cupPoriletal pe £va kepaiaio ypaupo (w.x Enueio A £
(Br.oypa)).
« H gvbsio eivar puo ypopun mov yopdaletor pe ) fonbeia
TOV KOVOVa.
SopPoAiletar pe £va Pikpo YA, TT.). € 1] LLE TO YPALLOTO
dvo onueiov g my. A (BA.oynpa). €
« To emimedo civar puo Aeio eninedn empdvela, OnOS yio To-
padetypa n empdaveto evog tpamellov.

INa vo avadntioovpe Kot vo pUNVEDGOVLE TIG GYEGELS KoL TG WOLOTNTEG TOV GTOXEIDV 0-
TOV,0E)0N06TE OpLopéves oA Beleg,Tov TIg ovopdiovpe aSiOpaTa.

A&iopa 1.
A7 000 onpeia orépyeTar povadiki gvbeia. A B
Me 1o a&lopa 1 anodeikvdovpe ta Topakdto Bempnparta:

Azopnpol
Avo evbeieg mov Eyovv 60O TOVAGYIGTOV KOIVE OHUELO, COUTITTOVY.

Apa 000 dtapopeTikég evbeieg pmopel va Exouv:
* Lovadkd Kovo onueio omoOTe AEULE OTL TEPVOVTAL.
e kavéva Koo onpeio ondte Aépe Oti eivat Tapdiinies.

Ozopnpa 2 A r B
Av tpio onueio aviikoov atnv idio evbeia,10te 10 KOOEVQ
avixel otnv gvbeia wov opilovy ta dalla dvo.
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Adiopa 2.
Ka0¢ eninedo mepréyel tpio TovAd1oTOV 6NUEIQ UM CLVEL-

0c10kd. Ao Tpio un cvvevBerokd onpeio SEpyetar éva povo
gninedo.

Me 10 a&iopa 2 amodetkvOovLE To TopaKAT® Be@pnpato:

Ozopnpo 3
Yrdpyer tovidyiorov éva onueio tov emmédov mov dev avikeL o€ pio. doouEV evbeia.

A
°

Ozopnpo 4
Amo éva onueio diépyoviar dreipeg vbeieg.

Aéiopa 3.
Mo evbeia £yet dmelpa onpeio. (exteiveTal ameploploTo TPog TIG dVO KATELOHVGELS)
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H nuevOsio

‘Eotm gubeia & kat A éva tuyaio onpeio tg. To onueio A yopilet v evbeio o dvo TuqHATO
mov ovpPorilovrar pe AX Kot AX Kot Aéyovtan guievbeieg e opyr| o onueio A.

H gvbeio € Aéyeton popéac g npevdeiog Ax. Avo nuievbeleg e povadikd kowd onpeio v
apyn Kot Koo popéa ovopdlovtal avrikeipeveg nevdeiec.

To gv@Vypappo TupO

Ev0bdypappo tpfpa AB ovopdletat to tunpa piog vbeiog € mov opiletat amd dvo onpueio
g A,B mov ovopdlovtat dxpa Tov gvBVYpalov TUHATOG eved N gvBeia £ ovopdletat
POpPENG TOV TUNHOTOG.

Avo guBvypappa Tupata e povadikd kotvd onpelo To £vo AKpo Tovg AEYOVTaL d1adoyIKd.

A B r r
€

To AB kou BT givon dtdoyikd.

To A ko I eivon ekotépwbev tov B.
To B ko I givon pdg o 610 pépog A B €
Tov A.

To AB kou BT givon Stodoyucd.

Meratonicelg 6To eninedo

To oynpa TOL TPOKVTTEL AT TN LETATOTLIOY EVOC GYNLOTOG OO TNV ap)IKN TOL Béon o€
Kot GAAN B€0m £TCL OGTE TO GYUOL VO TAPAUEVEL OVOAOIMTO OC TPOG T1 LOPPN KOl TO
pnéyebog ,ovopaletat opdroyo (1 KOVA ) TOL aPYLKOD.

YOyKpion ev0vypappOVY TUNRATOV
Avo gvbVOYpappo tpuqpate ovopdloviot ica OTov e KOToA-
ANAN LETATOTION GLUTITTOVV.

A
Méeoo evog evBoypopov Tunpatog AB givat éva povadiko o
onpeio O peta&d tov A kot B této1o dote AO = OB. AO=0B
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Avo onpeia A kot B Aéyovtat coppetpikd og tpog k€vipo O, av to O givat péco Tov evhv-
ypoppov tunpotog AB dniadn AO = OB.

Mpa&erg peta&d evbvypappov TuMpaTOV

A) [Ip66Beon cvBvypappov TURGTOY.

INa va tpocBécovpe 300 evBOYpappo Tpuqpota, pe ™ fondeta tov dafntn to petotomni-
Covpe mhvo oty 1010 evbeio doTe va elval S10.00y KA.

Onwg paiverat oto endpevo oynuo to AB petartoniCeton oto KA, to T'A petaroniCeton 6to AZ.

N

e ———4 W
>
N

>

Tote AB + I'A = KZ. To tpipa KZ Aéyetat dfporoua tov AB kot TA.

B) Agaipeon evBuypdppov tunpatov.

IMa va apatpécovpie 300 vOLYpapLe TUALOTO, TO HETOTOTILOVLE KATAAAN O, L TN fon0-
€10, Tov dwaPnNn, dote va Ppickovial otny id1a gvbeio Kot va £xovv Kowd dKpo Kol KoV
£0mTEPIKA onpueio.

Onwg paiveror 6to emopevo oynua to AB petatoniCeton oto EZ, 1o T'A petaroniletotl oto EA.

IR - Ao
>
AN

>

Tote AB -TA = AZ. To tpquo AZ Aéyetal dtapopd tov AB kot TA.

I') T'tvopevo guokov apOpov pe v0Hypappo Tppo.
INo vo moAlamhacidoovpe Eva evfoypoppo tupa AB pe

PLGIKO 0plOud v, petatomilovpe v opEC T0 VBVYPALLLLO 'A' ‘éz A A /i'
U otV 1810 gubeio. ) A
Onoc eaivetatl oto endpevo oynpo to AB petatomiCetar |1 /B
dradoytkd oo evdOypappe tupata A AL, A AL A A ..., 3 i
AvAv+1‘ i 3 i
To v d1adoyikd evdOypappo THpoto oynuotiovy to guhv- v tpfipata {oa pe to AB

ypapuo tuiua A A | ,mov givarico pe v+ AB.
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Mnrjkog ev0vypappov TURATOG

Murog evog evBOypappov tunpatog AB eivat évag Betikdg aptBpdg mov deiyvel mdéoeg
Popég ueyarvtepo 1N Lkpdtepo eivat to AB and éva evBiypappo Tunpo tov Bempoipe
0Tl €€l KOG TN pLovada.

To pnkog evog evBvuypappov Tppatog AB Aéyetatl kot ardetacy tov onpeiov A kot B.
INo tapaderypa oto endpuevo oynua etvar AB = 3x dniadn AB =3.

-4

R 3
s
>
>
e8]

Ny

B. ME®OAOAOTI'TA AXKHXEQN
T T
1. Otav diveton 1o péco M evog vBoypappov tuipatog, éot® AB, va éxovue mtavta
AB
voyn 6Tt AM=MB = =
T MiBodocz S

2. Mo vo amodeiovpe pia oyéon 166tnTog EVOVYPALL®OY TUNUATOV.
* Eekvape amd to LEAOG TOV UIToPOovV va Yivouy Tpaels.
* [IpooraBovpe pe kaTdAANAES TPOGOHUPALPETELS VO EKPPAGOVLLE TO. EVOVYPOLILA TUN-
HLOTO TOV £YOVILE GLVOPTHGEL TOV TUNUATOV TOL GAAOV HEAOVS TNG IGOTNTOG.
* YuviBwg ovpPoiilovpe pe Ta idta ypappota To ico e0VYPOLILO TUNLOTOL.

I. AYMENEX AXKHZXEIX

Aoknon 1

"Eoto T0 010.00)1Kd Kol ovvevBerokd onpeio A, B, I' ka1 M, N 1a péoa tov AB ka1 BI'
AT

avticTovyo. Agi&te 6TL MN = >
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Avon
1°¢Tpémog

AB
‘Exovpe M péco tov AB ,ondote AM=MB= -

Opoimwg N péco tov BT, ondte BN = NI'= % .

1),(2)
Apa MB+BN = AB, BI_AB+BL AL
2 2 2 2

2°s TpoOTOg

2(o+
Av ovopdoovpe AM = MB = a kot BN = NI = f tote: MN=0L+B=%:%

Aoknon 2

"E61® T0 01000)1Kd Kot ovvevOgriokd onpeia A, B, I, A kow M, N ta péoa tov AB ko T'A

AA+BT
ovtictoyo. Agifte 6T1 i. MN = — ii. A+ BA = AA+BI'
Avon
i
1°¢1pbémog
A B T A
o oO—O o—
M N

S

"Exovpe M péco tov AB,ondte AM=MB =

A
Emedn N péco tov I'A Letvar IN=NA = B

Apa AA
pa ;—BF= AB+BF;—FA+BF=%+¥+%=MB+BF+FN=MN

2% TpoMTOg
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i. Av ovopdoovpe AM =x=MB kau I'N =y =NB, t6te:

AA+BI'  2x+BI'+2y+BI'
2 2
ii. A+ BA=2x+BI'+BI'+2y=2x+BI'+ 2y + B' = AA + BI.

=x+Bl'+y=MN

Aoknon 3

19.

Ye gvbeia € Ocwpodpe To gvOVYpappo Tppa AB, To péco M, éva Tvyaio onueio X
petaéd Tov M ko B, ko P éva toyaio eEmtepikd onpeio tov AB. Agigte ot

- +
Lxm=ZA-EB i pm=FATPB
2 2
Avon
K A )3, 1B
% ol

AB
‘Exovpe M péco tov AB ,onote AM =MB = - (D).

. TA-3B _ SM+MA-(MB-3M) M +MA—MB+3IM

2 2 2
=2ZM+MB—MB=EM.
2
i PA+PB_PM+MA+PM-MB O 2PM+MB-MB _
T2 2 2 ’
Aoknon 4

Xty evl¢ia € maipvoope 1o onpueio A, B, X kou K. To onpeio X givon ecotepukod onpeio tov

Tuqpotog AB oote XB = % YA. To onpeio K givor eEmtepikd Tov Tpfqportoc AB wpog 10

3 KA +4-KB

pépog tov A. Na deryfei 6Ti: KX = 7
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Avon

Eivan KX = KA + AY < 3 KX =3 KA +3-AY «at

K = KB— 5B < 4KS = 4KB— 43B =4-KB—4-%EA - 4KB-3%A
Apa givar TKE = 3KA +4KB < KE = w

Aoknon S

Y¢ gvOeia € dlvovrar ot oe1pd Ta onpeia A, P, B, X ®ote PA =k PB kot XA = k-XB, 6ov

2 1 1
+

K 0eTikoc. No de1y0si 61u: (AB) (AP) (AZ) .

Avon
2 1 1

Oélovpe va deiEovpe oL @ = (AP) +E .
Apketva dei&ovpe: (AB)+(AB) =2

" A (an)
(AB) (AB) (AP+PB) (AZ-3B) («PB+PB) (kZB-3B)
(AP) (Ax) AP (Ax) _ (xPB) = (x=B)
(x+1)(PB) +(K—1)(EB) _Kk+l . k-1 5

K(PB) K(EB) K K
A. HNPOTEINOMENA OEMATA

1.’Ecto A, B, I' cuvevBeiakd onpeia kot o ev00ypappa tunpota AB pe péco to M, AT
pe péco to O kot AB < AT Agi&re 61110 onpeio O Bpioketan
i. peta&d tov M ko B, av AT <2AB kot
ii. peta&d tov B koau I, av AT > 2AB.
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2.’Eoto 10 dtadoyikd kot cuvevbetokd onpeia A, B, T, A kot I' péco tov BA. Agi&te 611
2AT > AA.

3.’Eoto ta dradoykd kKot cuvevdetokd onpeia A, B, I, A kau M, N ta péoa tov AB kot TA

avtiotolyo. Av woybvel BT = ? , 0¢i&te 0Tt AA=MI + BN.

5
4. Aiveton tunpo AB gvbeiog € kot évo ecmTeptko onpeio M, tétolo dote MA = §MB . Av

5
X gtvon onpeio oty mpoéktacm tov AB mpog 1o B, této10 dote XA = gZB , amodeitte

1 1 1

6T: (AB) (AM) (AX)

5."Eoto ta dtadoyikd kot cuvevBetod onpeio A,B,ILA tétola dote BI' =2AB kan TA=3AB.
AvM,N,0 eivan ta pésa tov AB, BI' kot T'A avtictoyo ko N efvor o coppetpiicd Tov N e
Kkévtpo to I' vor detlete 6T AM =ON".

E. TO ZEXQPIXTO OEMA

Av a, B, vy eivar Tpia e00Vypoppa T potoe TETOL0 OGTE 0> B> v vo. deryOei 6T

y<w<a








