T'popuixa coetijuara 21.

AmapaitnTeg Yvooeis Osmpilog

BOcopia 5.

a) X10 ocvomnpna (X):
D,D,D,

P) Na Av0si kon va depeuvn0el To XOotnna ypaeovtog To GOPTEPAoRATA GOG
pe ™ pondsia TV oprlovcdv.

{ax+|3y=y

, , ¢ VO OAGETE TOVG OPLOGROVG TOV 0PLLOVCOV
ax+By=vy

Amavtnon:
a) * Opilovpue opifovoa D Tov GLGTANOTOG TV TOPAGTACT
a P
D= =af’-a’
Y p-a’B (1)

* OpiCovpe pe D_tv opiCovca mov mpokvmter and v opilovsa D av ot O<on tov
GUVTIEAEGTAOV TOL X BécoVE TOVG 6TOOEPODE OpoVE. ANAadn:

v B

v P

* Opilovpe pe D, mv opifovoa mov wpokvmtel amd v opilovoa D av ot 0éon TtV
GUVTIEAEGTAOV TOV Y Bécovue Tovug 6T00EPODC OpovE. AnAadn:

=Bv-BY" (2

o

! !

Y ’ )
=0y’ —ay  (3)

B) ' diepevdvnon kou Ao tov (X)

(03] ax +py =y dwokpivoupe Tig €ENG mEPTTMOOELS:
ax+py =7 pLVOVUE TIG ECNG TtEP G:
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In wepintoon:
"Eotm 611 6A01 01 GUVTELEGTEG TV AyvmGTOV Kal ot aTadepol Opot eival unoév
Ahad a=a =B=p =y=vy =0. Tore:

o Bl (00 Y B 100 lad Yl 00
0x+0y=0

To () yivetan {0 70 omoio gival adpioTo pe Avoelg 6ha ta (evyn (X,y), X,yeR.

x+0y=0

2ourépocua
{ow D=D, =D, =0

, , , }rérg to0 () etvon adpicro.

2n nepintoon:
"Eotm 611 6A01 01 GUVTELECTEG TV ayVOGSTOV glvar undév A o = a'= B = = 0 kot
Kdmolog omd Toug otafepoic dpovg ¥y i ¥ eivan = 0.
m.y. éoto y = 0, 1o1¢!

a Bl |00
a Bl (00

0
:0 . DX:"Y' B":‘Y' ‘:0 . Dy:
Yy Bl Y O

(X'Y‘

0 v
a! 'Y'

|0
0 v

0x+0y=v=# 0} 70 omoio eivar advvorto

Tote 10 (X) yiverau
T 70 (%) yiver {Ox +0y=y' (5161t eivan adOvat N Tpd ™ e&icmon)

2ourépoocua
Av D=D, =D, =0
pe a=ao =p=p =0} 16te 10 (T) €lvan advvaro.

kouy Ny #0

3n wepintoon:
‘Eoto 6T évag amd Toug GUVTEAEGTEG TOV AYVAGTOV €lval d1APOPOg TOL Undevoc,
my. o #0.

ox+By=v (4)

Tote o10 (X) { ’ ’ ’
ax+By=v"(5)



T'popuixa coetijuara 23.

Analloocoopacte amd To X:

{aHBy:v

ax+By=y | a ao'x +af'y =ay’

—a -a0'x-o'By = -o”
- { By =-a'y

1)
() (@p'-aBly=ay-a’y & D-y=D, (©

Analroooopnacte 00 TO y:

{aHBy:v B {aB'HBB'y:B'v
ax+py=y [-p T lapeppy=pr
(+) (ap’-a'B)x=py-py’ & D-x=D, (7)
Amb (6) xon (7) & Dx=Dy g
76 (6) xon (7) éxovpue D-y=D, 3

Awkpivoope Tig €€Ng VIOTEPITTOCEIS:
A)avD=#0

X

D
101E amo (8) & X = Ko y = Fy Kot 10 (T)

D. D
&gl povadu Avon my (x,y)= (FX’FYJ

B)AvD =0
0-x=D

0.y-p.

y

tote and (8) &yovue {

B)Av D ,#0 % D, #0 tote and (9)
Ba £xovpe 0-x=D, #0 10-y=D, #0 advvoro

Apa Kot To apykod cOeTNUe givol adbvoto
B)) avD_=D_ =0 t6te and
X y
9 < 0-x=0 adp1oTO
0-y=0
GpaL KoL TO APYIKO GUGTNUN EIVOIL AOPIGTO, ONAAON EXEL ATEPEG AVOELG TIG 0TToiEG Kat Oal BpOovLE.
Avvoope v e&iowon (1) wg mpog x (810tL o, = 0) Kot Eyovue:

ax+By=y<:>ax=y-By<:>x=y-—By
a
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Apa o1 drelpeg AGELS eivat (x,y) = (w,y} yeR
o

2oumépooyio (Ermavodoppavovtog m ddikaoio me 3ng tepintmong kot yio. ta o, B, =~ 0)
*AvD=0xauD #0 7 D # 0 10 cvoTUO glvar adbvorTo.
*AvD=0xuD_ =0 ko D = 0 To cVoTHO Eivor aOpLoTO.

BOcopia 6.

ox+py =y
ax+py=y
TO CUUTEPAGHATH GAG Y10 T1) AVO TOV GUGTINATOC.

"Eoto to Xvotnno { Na ypawyete pe ™ poifsia tov oprlovcav

1) * Av D= 0 t6te 10 cOotnpa £get povadikn Aveon mv: (X,y) =

b

D D
2)*AvD=0xa(D,#0 n D #0 ) 170 cvoTUa gival adVVOTO:

3)+AvD =D, =D, =0 161€ 10 GVOGTNHA Ba etvou:

Amdvtnon:
non (Dx DYJ

0,) A6p1GTO, OV TOLAGYLGTOV Evag amd Toug o, o, B, B = 0
B)Adpioto, ava=a=p=B=y=y=0
Y) Advvato av o=a=p=B=0 kan y =0 f v # 0

BOcopio 7.

o) [Iéte éva cOoTpa AEyETOL OpOYEVESS

P) Ti yvopilete 10 TIg AMOGELS TOV;

v) Av D = 0 11 copmepaiveTe Y10 TG MOGELS TOV;
0) Av D =0 7i cvpmepaiveTe Y10 TIS AVGELS TOV;

Amavtnon:
a) Opoyevég Aéyetan o (X) mov ot atabepoi Opot eivar OA0L UNdEv
+By=0
Ampadiy | P
ax+By=0

B) To opoyevég cvoTUa €xEl mavTo, TN undevikn Aven (0,0).
Anhadn, dev eivor Toté advuvarto. Mropei Opmg vo givar adpioto, dnA., va, €xel
amepeg AoELG ek TV omoiv 1 pia givar n undevikn (X, y) = (0,0).

v) Av D # 0 1o opoyevég avomua Oa Exel LOovadikn ADoT 1 omoio Tpopavads Ba eival 1
undeviky (x, y) = (0,0).

0) Av D = 0 td1e 10 VoA Eival aOploTo (oG Kot 6ev umopel va, givar adhvoTo)
dnAodn, €xet dmepeg Avoelg (o ek Tv onoiwv Ba givar n undevikny (%, y) = (0, 0) )
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Epotmoeig Katavonons- Avuéva mopadeiypota.

IMopaosypa 12 (Z®oté - AaBog)
Xapoktnpiotre 0016 (X) | LaB0g (A) TO TAPUKATO ULTIOAOYADVTOS TA
@) av D=D =D =0 70 sVotnpna tivor TGvTa adpLoTO

B) av D*+ (7-Dy)2 = 0 o oveTNO gival adOVOTO
) av [D|+[3-D,

=0 To ocVotnpa givor adpLoTO

o) av (2 - D)24 + (a- 3[3)2 =0 10 cVoTNRO £xEL pOVASIKY Ao

Amavtnon:

a) (A)-Au'mowD=Dx=Dy=0us:(x:(x':B:B':OKm vy#0 1 vy #0 10 chOTNHO
gtvon advvaro.

B) () Avvu D*+ (7-Dy)2 =0

D> =0 D=0 D=0
& S Kot & S Kot & S Kot < (X)) adévvato
2 7-D,=0 D, =7+#0
(7—Dy) =0 y y

7)(A)* Al('m|D|+|3_DX ~0
|D|:O D=0 D=0
AN 1 Ko < (X)) addvaro

3-D|=0 [3-D,=0 [D,=3%0

) (T) ¢ At av (2-D)* +(a-3p) =0

(2-D)*=0 [2-D=0 (D=2
&Kot << Kot &< Kot
(a-38)"=0 (@-3B=0 |a=3p
Arodn: D=2#0< 10 (Z) €xer povadikn Avon.
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IMoapdderypo 13 (Zvprifqpoong)

ZopUTANPAOGTE TO TOPUKATO OITIOAOYDVTUS TO:

a) avD?*-2D+1=0 1716t T0 (X) ......

B) avD=0xko_ DS +D" =016t T0 (T) ......

y) av D-(D?+5)=016te 10 (X) dev pmopsi va &xgn ...

Amavinon:
@) ... &g povadiki Ao (5161t D*-2D+1=0< (D-1) =0 ©D-1=0D=1%0)
B) ... eivar advvato
D=0 D=0 D=0
(01011 < Ko &Kot &Kot < (2) (addvaro).
6 100 6 A 100 A
D; +D/" #0 D} #091 D" #0 D, #01D, #0
Y) s ROvVadIKN Avon
D=0 D=0
Gon D-(D2 +5)=0 {4 =14
D2 +5=0 D2 =-5 (adVvaro)
Apa D=0< (Z) adbvoto 1 adp1oTo.

Iopaderypa 14 (morhoming emAoyng)
Emiééte T 60T 0AVINGY CITIOAOYOVTOG

x-1 2.4 )
a) Av 2 |=0 Téte
-4 2
7
A) x =5 B) x=3 T) aAnBedsl Y10 0ha To xeR A) dgv vdpyel TéTO10 X
, KX+2y =4 , . . ,
B) av To cveTypa £€yel povadikn Avon toTE TO K Eiva:
8x+ky=»~
A)xk=4 B)x=#4 INkx#4xo k#-4
Amavinon:
a) Xooti) €ival i (A) dwotu:
X
-x-1 —=-4

2 =0<:>2(—x—1)+4(§—4):0
4 2
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S 2x-2+2x-16=0<= 2x+2x =16 +2 < 0x =18 addvarn.

B) Zmwot givar n I') 1011 0pod 10 (X) €xel povadikn Adon Ba 1oydet

2
D20o|" 2021620 2 216 K £4 Kot Kk % —4

K

IMMopadeypa 15 (Awdtaéng)
No owtdéete amd ™) peyorotepn npog ™ Hkpotepn TS pileg TV e&rodgemv:

1 -2 ’+1 2 -1 0 30 -—
) ‘=0 B) ¢ =0 v =2x+5 d) ¢ 2|=49
3 x 3 0 X
2 o
Avon:
1 -2
a) =0-x+6=0x=6
3 =
+1 2 , ’
B) 3 0=0<:>0((X +1)-6=0<:>0-6=0<:>—6:0 (XSUVU,TT]
-1 0
) 3 =2x+5<-x-0-3=2x+5 —x+2x=5<x=5
X
30 1 1 48
d) 2 =49<:>30t'0t—2(—5}=49<:>3a2+1=49<:>30L2=48<:>a2=?<:>
2 o
sa’ =16 a=+/16 < a=+4
Apa ot pileg elvan 6, 5, -4, 4 ko 1 (nrovpevn ddrosn etvan 6 > 5> 4> -4,
Iaopd 1 - 1 0
apdostypo 16 2x-1 sx 41 Iox
Na 20sgi ) aviocoon: | 3 < — -
2
2 3 3 x
Avon:
2x-1
- - 1 - 1 0 2x -1 1—
3 5x + < l_X _ 3 X _2(=5x+1)< )(_[1')(_(_3)'0]<::>
b 3 2 30X

- - -
o 2x—1+10x—ZSTX—(X—O)<:>12x—3STX—x<:>2-12x—2-3£27X—2-x<:>
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& 24x-6 <1-x-2x <:>24x+x+2x£6+1<:>27x£7<:>x£2—77

IMopaosypa 17 9x 6
Na o¢iete 6T | TOpaoTUC: A = 1 gival télero teTpdymvo.
X—— X
6
Avon:
9x 6 1
A=| =9x-x—6(x——)=9x>—6x +1=(3x—1)> =a’ 6mov a =3x -1
X —g X 6

IMopaosypo 18

x-1 y

—-2x=i- 1
Naiwbeito () | 32X 51 1)

2(1+y)+3=-3(x-2)+2y (2)
pe ™ pédodo tov oproveawv (M péBodo Grammer)

Avonm: MéOodog
"Eyovpe: Tia va Zeovue éva, cictuo (2)
x—1 Y x—1 Ly ue 1 uébodo v opiloveayv
1 < 3 _2X—5_1<:>6 3 _6'2X_65_6'1<:> pépvovus mavra to (X) oty
& 2x-1)-12x=3y-6<2x-2-12x=3y -6

, jox+ By =1y
S 2x-12x-3y=—6+2 < Hopon

ax+py=v

< -10x-3y=-3 (3) (mpocoyl to a’x va sivai
2) ©2(0+y)+3=-3x-2)+2y < KdTW oo T0 ax Kai o By
& 2-2y+3=-3x+6+2y = Katw omo To fiy)

& 2y+3x-2y=6+2-3 < 4y+3x=5< 3x-4y=5 )

_10x-3y=-3
A6 (3) Kon (4) £govpe 10 (2) Xy
3x-4y=5

-10 -3

e D= =-10(-4)-3(-3)=40+9=49=0
3 -4
-3 -3

D = =-3(-4)-5(-3)=12+15=27

x 5 -4
-10 -3

D = =(-10)-5-3(-3)=-50+9=-41
y 3 5
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_Dx 27
. : e D 49
Enedn D =49+ 0 1o (X) éyet povadikn Adon v D Al
- __ T
Amasi: oy <[ 21,21 "D W
AN Y 497 49
IMopaosypa 19
2x - 3y =1
Na Avlei 10 (X) 3 1 pe ™ pédodo tov oprlovoav
—-X+-y=—
4 y
Avon: Hopartijpnon
3 Oray fipovus D =0 kot Dx # 0,
2 —= T07E dev yperdletai va fpovuc to
2 3 3 3 3 . 2 2
D= =2-=—|-=|-(-)==-==0 D, 01071 T0 GYoTHUO Elval
1 3 2 2 advvazo.(ot1 Kot oy gvor To D
4
3

Av opwg fpovue o D_= 0 dev
HUTOPOVUE VA GOUTEPAVOVUE

7 3 3Y1 3 3 6 3 TITOTA Y10 TO GUGTIUA YI’AVTO
Dy = 21'__[ J _Z+Z_Z_E¢O mpoywpolus oy ipeat Tov D,

& |

2
Ankadn éxoope D=0, Di#0 Apa 1o (X) givor addvoro.

Iopaosypa 20

-3x+5y=7

Na 2v0si to (X) pe ™ péboodo Tov oprlovoav

6x —10y =-14

Avon:

D—_3 > =(-3)(-10)-5-6=30-30=0
|6 10/ - -
|7 > =7(-10)-(-14)-5=-70+70=0
14 —10) - -

-3 7
Dy = =-3(-14)-6-7=42-42=0
6 -14




30.

Anhodi: D=D =D =0

I'popuixa coetijuara

Enedn otnv npdtn e€icoon o x £xel cuvieheotm) —3#0 10 (X) eivar AOPIZTO.

Anhadn €xer dmelpeg Aoeg TIG omoieg kat Ba Ppovpe.

INa vo Bpodue Tic dmepeg Avoelg Advoope ™ pia oo Tig 500 e&IGMGELG TOL GLGTNLOTOG

MG TPOG Evav AyVOGCTO.

Amd v mpat eicwon &yovpe:
7+3x

-3x+5y=7T<5y=T+3x&y= 5

Apa ot drepeg AvoELg eivat.  (X,y) = (x,

Kot ov Bécovpe X = K 0Ol arelpeg AGELS glvat: (K,

2yolo

Av D =D = Dy = 0 Kou évag
TOVAGYIGTOV ATO TOVG GVVTE-
A£0TES TV ayvoeTwy eval + 0
Tote T0 () £ivon aopieTo.

+
7 53XJ,XER

+
7 53KJ,K€R

IMopadoeypa 21

oprlovo@v yopic va Ta MCETE.

—5x+2y=3
Y w2
Ylx+2y=1 ? X—gy=1

Na mpocdropicete 10 mA00g TOV AMoE®V TOV ocvotnudTOVv pe ™ fondsio TV

x-y=4

X,y
2

)1 x
2

=-2

Avon: 3
o @ 710 (X)) £xovpe: D= |

Andodn D#0 dpo 16 (Z)) €xer povadikn Avon.
e I 70 (X)) éyovpe:

-5 2 5
D= 2(==5]——=|-12=2-2=0
2|2
5
32 2 6 6 10
1 —— 5 5 5

) ‘:3-2—1(—1):6+1:7¢0

Andodn: D=0« D 0. Apo 1o (Z) eivar addvato dnradr dev éxel kapio Adon.

o I 10 ( L)) £yovps:

1 -1 |
2 2
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Dx = =4-%—(—2)(—1)=2—2=o

._.
N

1
Dy = =1-(-2)-4| ——|=-2+2=0
y 1 ) (-2) ( 2)

Aniadn: D = Dx = Dy = 0 ko gneid] oto (( Z,) Vapyel GUVTEAEGTHG TOV 0yVMGTOL # ()
(.. 0 suvTELESTNG TOL X oTNV TPpdT e€icwon givon 1 # 0) cuurepaivovpe 6tL 0 cHOTHUA
all déaoproTo dnhadn Exel amelpeg AMosic.

IMopadosypa 22

i 2x -3y=A+1 , B i i
Aiveton 10 (X) 3y = 20, omov A € R mapdaperpoc. Na Bpeite Yo woreg Tipég
X- =
70V A TO (X): y
a) €€l povadikn Adon B) £xer dmerpo waBoc Moewv  ¥) dgv £xel Ao
Avon:
Orov 10 (2) eivar mapapetpikd Ppickovpe ta D, D, D,
p=f 3 =2(=3)-2(-3)=—-6+6=0
=, 3 = =
r+1 =3
x = =3A+1)-2M-3)=-"3A-3+6A=31-3
28 =3
2 A+l

=2 2h—2(A+1)=4A—20-2=2%-2

ly =

2 2\

a) T va €xet 1o (Z) povadikny Aon mpénet D # 0 Opwe D=0 kot emopévmg
dEV VTAPYEL TN TOL A OGTE VA £xEL To (X) povadikn Avor).
B) T va. €xet anepo TAN0og AVcewV (emeEldN VIAPYEL KATOI0G GUVTIEAEGTIG TOL

ayvootov #0) mpéner D=0 (mov woydet)
Dx=0 32-3=0 3L=3 A=1
KoL GLYXPOVOG KoL <> <Ko S KoL & qkol <> A=1
Dy=0 2A-2=0 2A=2 A=1
Apa yio A =1 10 (2) éxel dmepo TA70oc Aoewv (dnhadn gival adpicTo).
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v) T va, unv €yet 1o (X) Aon (dnAadn yia vo, givar addvato) tpénet D =0
Dx#0 30-3%0 3A#3 A=l
(mov oyvEL) Kot cLYYXPOVMS: M &S9N &S9N =
Dy#0 2A-2#0 2A#2 A=l

Anhadn: A =1
Apa yio A =1 10 (X) dev &gl kappio Aon (dnAadn eivar addvaTo).

Hapaﬁ:ﬂ’yua 23 ' (—2)x+Ay =20 '
Na Avfei ko va depegvvn0ei to (X) 6mov L€ R mapapeTpog
3x+(A+2)y=12
Abon: MéBooog ) .
A2 h T'ia va lvo:ov;fa éva
- TOPAUETPIKO CUCTHUO
= 5 x+2‘ =(A=2)(A+2)—-3h=A"—4-3A=A" 314 Kdvovue 10, £31c friuara:
a) Bpioxooue ta D, Dx,py
[Na va Tapayovtonouwjcovpe to AT =30 —4 B )kgl;%;ggﬂozg;ggvﬁ
Bpiokovpe Tig pileg Tov. Avtég givar to 4 kon to -1. D # ( onoreTo (2) Qaéypar
i 2 HOVOOIKY AVon. Av evar
Apato A" -3A—4 D=0 téze 10 (2) Oo evan
’ ’ . - aStvaro.
mapayovtonoteiton g e&Ag: A2 —3h—4=A—-4)(A+1) f’,’,’,’f{%‘,}"fm’jﬁ; ,:rvoov e
2. = () - + 000 TEPITTAGELS TIS
Ao D=@R -4 +1) (1) Do D=0
27\‘ )L 2 2
oDy = =20-(A+2)— 120 =207 +4A—-12A=21" -8A =200 -4) (2)
12 A+2
A2 2
‘Dy:3 1 =12(A—2)—3-2A=121-24-6A=6A—-24 = 6(L—4) ?3)
Awkpivooue Tig €Ng TEPMTOCELG:
In n£pinr$6n= A—4%0 (Lz4

Av: D20 A -4)A+D) =20 <= xm <4 Kot
A+1#0 A#—1

LD 20-4 _ 2
D (A-4A+1) Ar+1
Dy 6(A—4) _ 6
D (-4+1) A+l

70 (X) €xel povadikn AVoM TVv:
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2n wepinToon:
Av D=0=A=4 1 A=-1
a)avi=4
(2 (3)
Dx=2-4(4-4)=8-0=0 xot Dy=6(4-4)=6-0=0
Anhodn av A =4 10te D=Dx=Dy=0 Kot €MW1 VIAPYEL GLVTEAEGTIG TOV
ayvmoTov X oty 21 e&icwon =0 (to 3#0) 10 (X) eivar a6p1oto dNA Exel dmepec
Aoelg Tig omoleg Kot Oa Bpovpe.

INo va Bpodpe Tig relpeg AVCELG GTO TOPAUETPIKO GuGTN BETovpe dmov A = 4 o€ pia
amo Tig 0vo e&lomaelg Tov (X) Kot PHeETd Avovue tnv e€l6moT ¢ TPOG £vay AyvOoTO.

INo A = 4 n mpo e&icmon tov () yivetal:

2
4-2)x+4y=2-42x+4y=8x+2y=4x=4-2y
Apa ot drepeg AWoelg sival (x,y)=(4-2y,y), yeR

B)avi=-1

Dx(i)z(—1)(—1—4)=—2(—5)=10¢o

Anhoodn}, av A =-116te 10 D = 0 kot Dx# 0 ondte 10 chomua eivar advvaro.

2ourépocua w6
1) Av Ko A #—1 10 () €xel povadikn Avon v (X,y) = (ﬁ’ﬁ}
+1 A+

2) Av A =410 (2) &yel dmepeg Aoeg 1 (x,y)=(4-2y,y), yeR

3) Av A =-1 10 (¥) eivar addvoro.

Iopadeypo 24 Mx-y =22
Na A0ei ko drigpevvnOet o (E){ Ny Y kG0 Tipn G Topapétpov AR
X-Ay =
Avon:
Ao—1 2 2 2
*D=| kz—k -1(-D=-A"+1=-A"-D=-A-DA+1)
}\'2 1 2 4 3 4 4 3 3
.DX_N‘ =A(-N)-A(-D)=-L +L1"=1"-A" =1 (A-1)
aoA
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1n nepinTtoon:
Av D20 -ADA+D#0 A-120 kouw A+1#£0< A #1 ko L # -1 10 cvoTUA )L
povadtkny Aben TV:

D —(-DR+l) —(htl) A+l
_ Dy AMR-DAC+A+D  MPAC+A+D) - A +A+])
D —(=-D+D) =+ A+1

(o Dx_ Avoa-n oW 5

2n wepinToon:

a)dv A=1
Dx= A1) =1°(1-1) =0
Dy=AA-DA + A+ D) =11-1)(1* +1+1)=1-0-3=0
Anhodn, av A = 1 16te D = D, _ = D, = 0 onodte 10 cvomHa Eivar 0OPIGTO (emedn o
GLVIEAEGTAG TOL Gyvmotov X otny dgdtepn eicwon mov givan 1 # 0). Anhodn éxet dmelpeg
Meelg Tig omoigg kou Oo fpovpe. o A= 1 1 wpadrn e&iomwon Tov cuaTpTOg Yivetal:
kx-yzkzzzril-x-y:l2 Sx=1+y
Apa ot drepeg Aoelg sivat: (x,y)=(1+y,y),yeR

B) av A =-1
Dx=A(A=1)=(=1)>°(-1-1)=-1(=2)=2%0
Anhadn, ov A =—1 t6te T0 D = 0 k0t Dx # 0 Apa 10 chomue givar addvorto.

1) Av L 1 kar k-1 10 () &gt povaducy Aoon mv: (6Y) =| = il "1l
2) Av A =1, 10 (2) éxe amepeg Moeig tig (x,y)=(1+yy),yeR

Svunépacua ( A A+ I)J

3) Av A = -1, 10 (¥) givar advvarto.

IMopadeypa 25 dx-y=3
a) Na Avlsi to (X) {

X+Ay=-2
B) INa v Mon (x,,y,) mov Ba Ppeite vo Meete v avicoon 2x, +3y, =9

Avonm:
- ) 3 -1
e D= =A-A-1(-1D)=A"+1%0 e Dx= =3A—-(-2)(-1)=3r-2
1 k‘ (-1 K k‘ (=2)(-1)
3
[ y:)\‘ ‘:—2)L—3
1 -2
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Di 312 Dy -20-3
D 2+1° > D A+l

Enedn D# 0 10 () éye1 povadikn Abon: X =

2ourépocua M2 -3
To cVotmua £xet povadikn Avon yo ke L e R v (X,y)= (kz " ’ﬁ}
+ +

B) H povadikn Avon nov Bprikape etvar n (x,,y,) =
"Exovpe va Avoovpe mv avicoon:

3A-2 +3—22k—3 >0 2(32)»—2) N 3(—22k—3) > 9

A+l A +1 A +1 A +1

(37\,-2 —27»—3}
AT+ AR+

2X, +3y,2-9<2-
Kavovpe amorowpn mopo-
>-9(\* +1) ( 0)

vopoothy emedn A +1>

SO +1)- A +1)

230 —2) 3(—21-3)
—+ e
A +1 A +1
S 2030 -2)+3(-2A-3)> 9> +1) & 6L —4—-61L—-9>-9A% -9
<:>9k22—9+4+9<:>9k224<:>kzzg<:>\/k_22\/§<:>|k|2§<:>

2 2
@ng M ks—g. Anlodn ke(—OO,—%]U[%,vLOO)

Iopaosypa 26
AV T0, TOPAKATO cveTipaTa £0vv Ko Adon va Bpsite o A,p e R

5x-3y=2 20x-Spy =7
&) KoL &,
-Xx+4y=3 -3hx+2py =-1
Avonm:
Avvovpe 10 (X))
- T =5-4—(=3)(-1)=20-3=17%0
-1 4
2 -3
Dx = =2-4-3(-3)=849=17
3 4
2
Dy = 3‘:5-3—2(—1):15+2:17
Dx 17
Eneidn D=0 710 (X)) éxet povadikn Avon ]])) 17 , (X, y)=(1,1)
Yy
=—=—=1

D 17
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Enreidn ta cvomipato (X)) ko (Z,) éxovv ko] Mon, n AMon tov () Oa etvon ko Avon
oV (Z,). Apan Aon (x,y) = (1,1) Oa emaindevoet 1o (Z,). 'Etotl éxovpe:

= {2kx—5uy=7 <x,ygw{2x-1—5u-1=7 {2;_5u=7
2
1

z
—3hy +2uy=— =3x-1+2p-1=-1 < —3A+2p=-1 &)

Avvoupe 10 (X))

2 =5
D= ‘:2.2_(_3)(_5):4—15:—11¢0
30002
7 =5
Dy = =2-7—-(-1)(-5)=14-5=9
-1 2
7
Dy = ; 1‘:2(_1)_(—3)-7:—2+21:19

, , . D —11 11 , 9 19
Apa 1o (Z,) éxel LOvOdIKY ADoT TV , Anhady AW =(-—,——
pa. o (X,) €xgl povadikh Abom _&_19__211 n(lu)(11 11)
D -11 11
IMopadeypa 27 Sx-2y =1 (&)
Aivetar To 6OGTNRE TOV EVOEIOV €, €, €, -3X+4y =5 (g,)

2x+4y=r+1 (g5)
No vohoyicete 10 A c R @ote 01 TpEig gvbeieg va diEpyovtar and To idro onpeio.

Avon:

INo va 61€pyovtar ot 3 gvbeieg amd T0 1d10 onueio Oa TPémel o1 GLVTETAYUEVES TOV
onueiov Toung Twv 6v0 gvbeldy g ko &, va emoAndedovy v eéicmon g Tpitng
gvbeiag &,

: , 5x-2y=1
Avvoupe T0 choTNUO TOV € KL €,
-3x+4y=5

5 -2
D= ‘:5-4—(—3)(—2):20—6:147&0
-3 4
1 -2
Dx = —1-4-5(-2)=4+10=14
5 4
1
Dy = 5‘:5-5—(—3)-1:25+3:28
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_Di_14_
ape{ DM Amesn xy) = (1,2)
D28,
D 14

Apa 10 onueio Toung tov g kat €, givar to A(1,2).
e [ va Siépyetan 1 €, amo 10 A(1,2) Oa mpénet ot cuvietaypéveg Tov A va enainbevovy
mv e ANk 2x+4y =A+12-1+4-2=A+1<10=A+1<= 0 =9

Iopaosypo 28
i &4an&iyi 64 L,p < R dote To cuoTpaTo X)) k(X)) va givon cuyypoveog advvata.

(1-M)x+py=-2 X—Ay=-2
) _ x)
AxX+y=0 x+3y=1

Avon:

[a va tvor ta. cuompate advvato Oo mpéner o1 opiCovoeg Tovg Dy xau Dy, va eivan
undév (avaykoio aAAd Oxt ikovn cuvifkn). Ankadn npéner Dy = 0 xon Dy, = 0.
"Eyovpe:

I-A

D, =0 [0 (-1 1-h=0e1-2-2p=0 (1)

1 -A
D22:0<:>‘1 3‘20@1-3—1(—%):0©3+k:0<:>k=-3 )

(2)
H (1) <:>1—(—3)—(—3)u=0<:>1+3+3u=0<:>3u=—4<:>u=-§ €))

A 4
Anhadn PBprikape A =-3 kol p=——
[ ovtd Ta A, p mov Pprikape woyvovv Dy, = Dy, = 0. Avto opwg 8év onuoiver ot ta (X))
Ko (Z,)etvon advvora. Mropet 7.y, kémoto va eivor adpioto. I'o va efvor Aowév dextd To
A, 1L TO, TOTODETOVE GTO, OPYIKA CLUGTLOTO KOl EAEYYOLUE v gival adVVATOL.

"Etot éyovpe yio A = -3 ,uz—i
4 4 4

I-(=3)x+|—-=|y=-2 [+3)x——y=-2 4x ——y=-2
[1-(-3)k [ Jy o J0Fdx-sy=2  Jax——y
—3x+y=0 -3x+y=0 -3x+y=0

- 3

— -3x+y=—

- 2 7o omoio pavepd givar adVVATO.
—3x+y=0 -3x+y=0

(21)

12x -4y =—-6 -3x+y=
- -
-3x+y=0
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4 —(-3)y=-2 +3y=-2
Eniong yia A = -3, u= 3 10 (%,) yivetau (Z,) {X (=3)y & {X Y

x+3y=1 x+3y=1

To omoto eivar addvaro. Apa n Avon (A,p) = (— 3, —%} gtvou dek.

Iopadoeypa 29
Aivovtol To XvoTipoto ,
—x-v=1 K+4)xX+y=K" -3kA
@) Y ko (Z,) (+dxty .
(-x-Dx+dy=-1 Bk +80)x-(k + M)y =k -V
Agilte 6TL Gv TO (X)) givan adproTo, ToTE TO (X,) £ivan advvaro.

Avon:
LA . r 4 .
Eg’6c0v 10 (X)) givon adpioto o 1oyvet:

D=D, =D, =0."Etot éovpe:

-1 -1
-x-1 A
< -h-k-1=0 (1)

*D=0c =0 (—)h—(—1)(-xk-1)=0c-A—(k+1)=0

1 -1
-szo@‘ | k‘zO@l-k—(—l)(—l)zO@k—1=0<:>x=1 )

: =0 (-)(-D-1-(-k-D)=01+k+1=0<

.DYZOQ_K_I _1‘

S2+xk=0k= -2 (3)

INo A =1 kot k = -2 emoAnBedeton ko 1 (1) 61611
Ak-1=0-1-(-2)-1=0<-1+2-1=0< 0=0. "o 11g TWEG TOV K,A TTOV PpriKapLEe
deiyvoupue Ot 10 (X,) etvon addvaro.

[pdrypott 1o k = -2 kor A=1 10 (X)) yiveron:
@ [(=2+44)x+y=(-2)>-3-(-2)-1

=) < X
O |[B(-2)+8-1x—(—2+1)y=(-2)> -1

2x+y=4+6 2x+y=10 f , ,
10 omoio eival TPOPAVAOSG adVVATO.

=
(—6+8)x—(-1)y=-8-1 |2x+y=-9
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Iopdaderypa 30

Av ¢’éva cvetnuo (X) 000 YpoppIKOVY E10D6EMV IE AYVAOOTOVS X,¥ 1GVOVV:
2Dx + 3Dy == (1)
-4Dx+7Dy:-11D (2)

K0l TO 60T £YEL HOVAOLKY] AVoT va BpeBodv Ta X,y (dniadij va Jvbei To ciotua (X))

Avon: Ds D,
Ao 10 choTnpua €xel povadiki Avon Ba woyvet D #0. Apa x =— ko1 y=—.
Awpodpe dowdv tig e€iomoeig (1) kot (2) pe D # 0 ko égovpe: D D
2Dx 3Dy -D
D * D - D {2x+3y:—1
=

Avdvovpe 10 GOOTNHO

_4Dx+7Dy_—11D —4x+7y=-11
D D D
3
e D= 7‘:2-7—(—4)-3:14+12:26¢0
|t 3—( 1)-7—(-11)-3=-7+33=26
Tl - B
2 -1
« Dy= =2(—-11)—(=4)(-1)=-22-4=-26
-4 -11
Dx 26
X = :—:1
Emopévag ]S 226 Apa To cvaTua £XEL povadikn Avon (xy) = (1,-1)
-
:—:—:—1
D 26

IMapaderypa 31
INao éva ypoppiké cooetnpo 2x2 (600 €£1l0M0EIS pE 600 AYVOOTOVS) Lo HOVV:

D =-2D:Dy- D] (1)

Ko Av T0 cvoTnna (el povadik Avon vo Bpedei n Avon avi).
2x-y=3 (2)

Avon:
Ao 10 cvonua £xet povadikn Avor Ba woyver D = 0. Exovpe amd v (1):

D;+ 2D:Dy+D; =0 (Dx+Dy)* =0 = Dy +Dy =0
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DX+Dy 0 @ )< x+y=0 3
- = wpécapepeD # =
b D™D péoapep y A3)
2x —y=3
And (2) xon (3) €yovpe To cvGTNO 0 INo v Abon tov Eyovue:
X+y=
2 -1
e D= =2+1=3#0
1 1
D 3_1310(1)303
° x = =3-]— — =3+ =
o 1
2 3
* Dy= =2-0-1-3=0-3=-3
1 0
X:DXZEZI
Apa ]])) 33 ka1 1o (X) €xel povadikn Avon v (x,y) = (1,-1)
-
= — = :—1
Y D

IMopaderypa 32
Av 7o éva, ypoppiko ocvotno 2x2 1oyveL: D? + Di + D§ =2D-6Dx+4Dy—-14 (1)
10T€ 0VTO Vo AvBel (0Nrao1] va PpeBodv Ta X,y)

Avon:

And ™y oygon (1) égovpe: D’ +D; + D] —2D+6Dx—4Dy+14=0 <

(D* —2D) +(Dj + 6Dx) + (D] —4Dy) +14=0 <

& (D2 -2D)+ (Di + 6Dx) + (Df, —4Dy) +1+ 9+ 4 = 0 (Swondoaps 10 14 o8 karddAnhovg optBpoie

mov padi pe T1g mapevhEGELG VoL KAVOLV TOWTOTITES)
< (D> -2D+1)+ (D +6Dx +9) +(D; 4Dy +4) =0 <
D-1=0 D=1 #0

&S D=1 +Dx+3) +(Dy-2)> =0={Dxs+3=0< Dy =-3
Dy—2=0 Dy=2

Dx -3
X = == —3
Apa ]])) 21 Andadn to (X) éxel povadikn Aon v (Xy) = (-3,2)
D 1
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IMopaderypa 33

o) Av D? + |Dy - 3| =( d¢i&re 6T TO GVOTNHA EivoL AOVVATO

B) Av |D - 5| =6 dcitte 6TL TO GVOTNNA £xEL povadikn Adon

Y) Av |D - 3| +(Dx - 7)2 + |Dy + 3| =( dsi&re 0TL TO CVOTNNO £YEL pOVASIKIY

Avon v omoia kou vo. Ppeite.

Avon:

@) D’ +|Dy-3]=0<D=0xm Dy-3=0<D=0«ka Dy=3#0
Andhadnq D = 0 kau Dy # 0 dpa 10 cuetpa givor advvaro.

B) |ID-5|=6D-5=61 D-5=-6<D=6+57 D=—-6+5<D=111 D=-1
Apa D # 0, ko1 To cOGTNUA EYEL LOVOITKT ADOT).

) |D-3|+[Dx-7)* +|Dy-3|=0 <
D-3=0 wot D«—=7=0 xau Dy+3=0<D=3#0 wxout D«=7 xar Dy=-3

D« 7
X = D :g
Enedn D # 0, 10 (Z) éxet yo povadikn Avomn v D 3
y -
y=—=—=-1
Amhad (x.y) = (g - 1} b
Hapaosiruo 3% - (~3a+5p=7 .
a) | a4 édealdi oyodei a (0O): (apykd cveTNO)
S504-4p=-3
B)Me 1 BonOsra Tng AMdong Tov mapandve (X) va Avbovv Ta cusTpoTA:
-3x-3[+5)y+4|=7 -32-x)"+5(y+3)°* =7
(Z): X,): 2 3
Six =3 —dy+4=- 52-%)’ -4y +3)’ =-3

__3+i 7
~3x+2+5)y+5=7 AT R A
4

Hsixez- —4ly+5/=-3 S 4

x-7 y+3

(B5x -4y +3)3-y)=0 "|5x—dly|=-3

~3x+5y=7

x,): 5x— dy|=3 (Z5):]-3x+5y-7|+|5x -4y +3|=0

~3lx|+5y=7
e {( X+y-T)(x-2)=0 (26).{ g
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. , -30+5p=7 ..
a) AV6N TOVL GUGTINOTOS (apykd cvoTnna)
S504-4p=-3
- 5
* D= 4‘:(—3)(—4)—5-5:12—25:—13¢0
7 5
*D, = =(-4)-7-(-3)-5=-28+15=-13
-3 -4
-3
"Dyl o= (=3(=3)-5:7=9-35--26
D, -13
Apa 10 OO0 £YEL Lovadtkn ADGT, TNV: D 26 onradn (a,p) = (1,2)
——B:—_ =
-3|x-3|+5|y+4|=7 b3
B) Avon Tov (X,):
5|x-3|-4|y +4|=-3
Kavoope mv aviikatdotoon
|x—3|=a M
|y +4[=B
To (Z4) yiveron pe m Pondewa g (1)
o a=1 |x—3|=1 x=-3=11M x-3=-1
_3a+5B = 7 apo(X) [€))
= Kol <& Kot < 4 Kt
Sa-4p=-3

B=2 |ly+4|=2 [y+4=2 fiy+d=-2
x=4 1N x=2

& Kol Apa 1o (X,) &xer g eéfg 4 Moeig:
y==2 1 y=-b

(Xs y) = (4’ _2)3 (Xs y) = (43 _6)3 (Xs y) = (2’ _2)’ (Xs y) = (2’ '6)

-32-x)’+5(y+3)° =7

Adon Tov (X,):
52-x)"-4(y+3)>°=-3

Kévovpe v avikatdctoon

{(2—){)2 =a

- 3)3 _p (2) To (Z,) yiveton pe v Porydewa ™ (2):
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=1 |@-x?*=1 2-x=11 2-x=-1

a
—3a+5 [3 =7 opxd(X) )
& KOl << Ko <> Ko
S0-4p=-3

x=1 1N x=3
& Ko
y= 2-3
Apat0(XZ,) £xet dvo Moelg Tic: (xX,y)= (1,{’/5 -3),

-3/x+2+5y+5/=7
Aven tov (Z;): 3)

SUx+2 -4y +5/=-3

Enedn égovpe 3/x +2 Oa mpémet X +2>0 < x > -2

B=2 |(y+3)’=2 |y+3=32

xy)=(3,32-3)

“)

K&vovpe v avikotaotaon Yx+2=a ka |y+5|=p (5

To X5 yivetan pe ™ Pordeta g (5):

a=1 _[Ax+2=1
() [=30a+ 5B =7 opxxd) ©®)
(Z; S JKOL <S> Ko
S0-4p=-3
B:2 |y+5|:2
x+2=1 X =—1 (Jdexty amo (4))
< { ko < J Ko
y+5=2 y+5=-2 y=-3 1M y=-7
Apa 1o (Z3) éyer dvo Mosic T (x,y) = (-1,-3),
-3 N 5 _7
At =) x-7 y+3
bon Tov (2% 4
x-7 y+3

[No Tovg TapPOVOUAGTEG EXOVILE TOVG TEPLOPLGLOVG:
x=7#0 xat y+320=x=7 xor y=-3 (6)
-3 ! + 5L =7
To (Z,) ypboetar og eEfg: x=7 y+3
5 ! - 4L =-3
x-7 y+3

(Xsy) = ('13'7)-

43.
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KOl KAVOLUE TNV OVTIKOTAGTOON: 7 =0 Kn Vi3 =B (7
X- yt

To (£,) yivetar pe v Bordeia g (7):

1
=1 77 x-7)=1
O (Ba+5p=7 was |© " © | X a
(Zd)= o ko <4 Kat < ko
S5a-43=-3
B=2 1, ay+3)=1
y+3
< { KOl < Kol < { KOl
2y+6=1 |2y=-5 -5
Y=7

Apato (Z,) éxet pia Mon mv: (X,y) = (8,-;} (3extiy amd (6))

(-3x+y-7)-(x-2)=0

T ®
(5x-4y+3)-3-y)=0

Avon tov (X5): {

-3x+y-7=0 7N x-2=0 “3x+y=7 | x=2
Amo (8) &yovpe: Kol o KO Kol
5x-4y+3=0 1N 3-y=0 S5x—4y=-3 1 y=3

€101 €yovpe T NG TEGGEPU GLGTNLOTOL

— 7 apyko(T)
(61){ Wy =TS )= (2)

5x -4y =

-3x+3=7 -3x=4 X=—— 4
=N =N 3o (x,y)=-=.3
y=3 y=3

,-\
9
~

1
98]
e
+

<

Il

N

Xx=2 Xx=2 Xx=2 Xx=2
(03) = = =
5x -4y =-3 5:2-4y=-3 10-4y=-3 -4y =-13
x=2

13
=N 13c>(x y)= [2 —]
y=7 4
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x=2
(04){ 3 & (x, y) = (2,3) Apa 1o (X5) &xeL téooepig Moelg
y =
4 13
(X’ y) = (1’2)3 (Xs y) = (_59 3)3 (Xa y) = (297)5 (Xsy) = (2’ 3)

—3|x|+5y =7

AY X):
von Tov (X¢) {5X—4|y|:-3

Ed® dev umopovue va kGvovue Kopio avTikotaotaon YU ovtd andilaccouedo amd to
OTOALTO O10KPIVOVTAG TIG TECOEPIG TEPUTTMGELS

(x20,y=20), (x=20,y<0), (x<0,y=20), (x<0,y<0)

1" mepinToon _3x+5y=7
av {x >0 ko y=> 0} 1018 0 (Z4) YiveTOU { 4 10 omoio Advetan
gvukora Kat £xel Moo mv (x,y) = (1,2) Sx—4y=-3

2" wepintoon
av {x>0 kau y<O0 }

-3x+5y=7 -3x+5y=7
X y @{ X y

1078 10 (X6)yiveTon { 70 omoio AVveTal EDKOAO Ko

S5x-4(-y)=-3 S5x+4y=-3
. , 43 26 , .
&xel Mon my (x,y) = “337 N omoia amoppinTeTOL

3" wegpinToon

oV {X<O,y20} {_3(_X)+5y:7 {3x+5y=7
=

1018 10 (X4) YivETOL 70 onoio Advetar
S5x—4y=-3

Sx—-4y=-3
13 44

€0KOAQ Kot £xgL Avomn v (X,y) = ,—
ot nmv (x.y) (37 37

J 1 onolo omoppinTETOL.

4" wepinToon
Av {x <0,y< 0}

, -3(-x)+5y=7 3x+5y=7
T0T€ T0 (Ze)yivswt{ (=x)+3y <:>{ Y

S5x—4(-y)=-3 Sx+4y=-3
43 44

7o omoio Avvetan gvkoAa Kot el Avon TV (X,y) = (13 T

J 1 onolo omoppinTETOL

Apa 10 (Eg) £xel pio povo Avon my (X,y) = (1,2)
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—3x+5y=7

AY :
von Tov (X,) {|5X _4y| _3

-3x+5y=7

5x-4y=3 1 S5x-4y=-3
-3x+5y=7
Sx -4y =3

AnaAlacodueba amd 10 amOAVTO Kol EXOVUE {

Ko £(0VpE TEAMKE 600 cueTHUaTe: TO (T, ){ TO 07010 AVVETOIL EDKOAA. KoL EYEL

, 43 44 -3x+5y=7
Aon v (x,y) = (E’EJ KoL 10 (o,) yivetou {5 Y

7O omoio AUveTOl €0KOAD Kal £xel Abon TV (X,Y) = (1,2)

Xx—4y=-3

) o 43 4
Apato (Z,) €etdbo Moeig g (X,y) = BB xy) = (1,2)

Avon tov (Eg):|-3x+5y-7|+[5x—dy+3/=0

[-3x+5y-7|=0

Eyovpe: |-3x+5y—7|+[5x —4y+3 =0 <
bx—4y+ﬂ=0

_ 7 _ _ apyko (X)
- 3X+5y 7 0<:> 3X+5y 7 = (X,Y)=(1,2)
5x—4y+3=0 Sx —4y=-3
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Epomioeig Katavonong - AGKN6Els Yo Avon
2x -3y =0
3x-y=0

0) Ilog ovopdletor To GUGTNNO KOL TOWO EIVAL 1| TPOPAVI]G AVOT TOV;
B) ‘Exgv dAin A0on; AlTIOAOYNOTE TV ATAVTINGY] GOC.

10. Aivetonr To cvotTnpO {

x-3y=5
2x+ 3Ly =4
o)A=2 P)A=-3 vy)A=-2 ATOLOYNGTE TNV ETLAOY] OUG.

11. Av 10 odopo: { givan addvato TéTE:

3x+2y=p+3
12. Av 10 6boTnpa Xray=HR éxel anepeg Moeig ToTE:
—6x—4y=5
11 1 11
o = — = - = - 6 = 2
) 5 P)n 5 1l 5 )71
ATI0AOY1)0TE TNV ETLAOYY] GOG.
A 3
13. Av 3,2 =1, t6te: @) A=3 B)A=-2 YA=2

AlTI0AOY1)0TE TNV ETLAOYY] GOG.

14. Av n ypappikn eéicoon A’x=(A*-3))y dev nopiotaver gvlsio, TéTE:
@) k=3 B) 2 =-3 h=1 8) %= 0
AlTI0AOY1)0TE TNV ETLAOYY] GOG.

15. Aiveron n g&icmwon 2x—3y =7. Na ypayete pio dcvtepn eéicoon dote TO
ovotnua mov Ba Tpokvyer:
a) vo. £xel povadkn Aven  P) va givar advvaTo v) va gival a6proTto
Na artworoyioere ywoti n e€icmon mov YpaWoTE IKAVOTOLEL TIC TUPOATAV®D
ovvlnkeg a), B), v)

16. Aiveton 1 e&ioowon 7x - 3y = 4. Na ypayete ma dedtepn ekicwon, GoTe TO
ovotnua mov Ba Tpokvyer:
a) va £el Aoon TAve 61N SLYOoTONO TNG TPATNGS KoL TPITNG YOViag
B) va &yer Aoon to Levyog (1,1)
v) va &el Aoon éva Lgvyog avtifeTov apOpov
Na artioroynoete ywoti 1 e€icmon mov ypdyarte wavomolel Tig {nrodpeveg
ovvlnkeg a), B), v)



48. I'popuixa coctijuoto

17. a) Av D* + (Dx - 3)> = 0 T6Te TOo cVOTNpA:
1) Eivon adproto  2) Eivon advvato 3) 'Eyxer povadiki) Adon
3
B) Av D€ R 1671€ 10 6OOTYRO:
1) Eivon adproto  2) Eivon advvato 3) 'Eyxer povadiki) Adon
v) Av D =0 kot |Dx| + |Dy| =0 T6TE TO GVGTNNO:

1) Eivar adpreto 2) Eival advvaro
3) 'Exg1 povadikn Avon 4) Eivor advvato 1 aoproto

3) Av |D -1/ +|Dy — 4| +|Dx + 7| =0 té7e TO GHOTNRA:

1) Eivon a6proto 2) Eivan adbvato
3) 'Exer povadwn) Moon my (x,y) = @,7)  4) Exer povadu) Moon my (xy) = (-7,4)
ay - 4[3\/;
18. Avwoyder | 1 1 [=-1 pg y#0, x>0 va dsilere om1 0’ +p>+y’=30Py
2?; B2
19. Amodeitte 6m1 = (a-p)’
3a—-P a-3P
o—p 2 |
, , i x 5 -7y
20. Na M0si pe opilovosg To cvoTpO: 3= -2 Kol 5 " -5
-2 x

2(x—3)—4(y+1) =3x-1
21. No 20si pe opilovosg To shotnua: < x—1 2+y

=277
3 4
; ] ] 2x-3y=17
22. Na 20si pe opilovosg To svoTnpa:
—4x+ 6y =-14
-3x+7y=1
23. No 2M0si pe opilovosg To cvoTO:
6x—-14y =-3



I'popuixa cvetijuoto 49.

24. Na mpoodiopicete To TAM00g TOV ADGEMY TOV cvoTHRdTOV pe ™) foRdsia
TOV oprlovcd@V YOpig vo To AVGETE:

3x-S5y=1 x-3y=1 x-y=1
) ,) (Z5)
2x+y=3 -2x+6y =-2 2x-2y =3
Wx+2y=5
25. T moreg Tipég TOV A To sHoTHHA 1 £yel povaoikin Avon;
8x+—y=0
A
Ax+T7y=r+1
26. INa moieg TYpEG TOV A TO GHOTHNA givan addvaro;
AX+Ay=5

)»x+7y=)»3

gival adproto;
AX+Ay =A

27. T moreg Tipég TOV A To cVOTHHA {

, , . A2x- y=1
28. Na M0si kon va diepeovndsi 10 ovotpa 3
X+y=

29 Na AM0si ko diepeovnBei To ovoTRe Y10 TIg S14POPES TINEG TOV A:
2h+1)x+y=5+1
{Q+1k+ky:k+3

X+ uzy =2

30. No 200si To svotypa yia Tig diGpopeg Tipég Tov pe R {
X+y=2p

KX + (K + 2)y =2
x+ky=1
2) I ™ povadu) Ao (X,y) mov Ba Bpeite va Avlei n avicwon (k+ 1x + |y| = 2

31. 1) T g dagopeg Tipég Tov k € R, va ABei To shoTnpa {

(a+1)x+2Py =2

givon a0p1670;
G-a)x+@p-1Dy=-3

32. Ta moweg Typéc Tov a, Pe R To ovetpa ()2){

33. N moreg Tipég Tov K€ R 01 3 gvbsicg:
€ :2x-y=3, g, :-3x+y=-5, 83:K2X—2(K+1)y=2
oEpyovtal amd To o0 onueio;

34. Na Bpebobv Ta A, pc R dote T0 svoTHpATA

2x-y=3 x+2y=S5 , . ,
&) kot (X,) va gival ouyypoves 0.d0vaTa.
= —pux+ @A +1)y=2



50. I'popuixa coctijuoto

x-y=1 2x-Ay=8
35. Aivovron T CLOTINOTA (Zl){ y Ko &, { ¥

3x+iy=2 2x+3y=8
Av 10 (X)) givar advvato ogite 011 TO (X,) €ivarl adproTo.

36. Aiveton éva ypappmiko cvotnpo 2x2, p’EVay TOVAGYIGTOV GUVTELEGTI TOV
ayvOGTOV SlaopeTiKd amd To pndév. Av woyder D =D} + D]
a) Agi&te 0TI TO cVGTNNO Ogv pmopel vo. givar advvaro.
B) Av emmdéov el povadikn Avon o€ilte 011 x-Di +yD§ =1
37. Eoto éva ypappiké opoyevéic shotnua 2x2
@) Av D’ =§/D, +3/D} va dzitete 6T civar abpioTo.
p) Av D-5= 3Di —7D‘; vo, 0gifete 0TL £xE1 povadikn AVon TNV omoio Ko va
Bpetre.
38. Eoto éva ypapmké cvotnua 2x2:
@) Av |D -5+ ‘Dx + 1‘ = 0 deitte 6T &1L povadikn Adon
B) Av D’ + D} +D; -2D-4D, +2D, =-6 dcitre 611 £x€1 povadikiy Aoon Ty

(xy) = 2,-1)
1) Av [D|+[D, - 3|= 0 deicte 6T ziven adivaro.
0) AvD=D, + Dy Kon X - y =1 kon £xgr povadua) Ao tote va fpedein povodur) Aoon.
. i . 2x-y=1 . .
39. Mg ) Pon0s1a TG AMdong Tov cveTHpaTog (X) 3y 2y g KOLKOVOVTHS KOTOA-
X+2y=
ANAn avtikatdotoacn (0mov yperdleTal) vo AVGETE TO TUPOUKAT® GUGTINOTA:
2y
) ) XTIl = pe) > Y
o
Vl3lx-5]+2ly +4|=5 s 2
X—3+y+1_5
Wx+3-|y+4=1
7 (Z3) |y | 3) (24):|2x-y-1|+|3x+2y—5=0
Rx+3+2y+4=5
2x-y-1)x=0
9 @e):{ YD
3x+2y=5

3x-2y=8
9x +ay=p
a) vo. £xel povadiki Aon  PB) va givar adproTto v) va gival advvaTo

40. Na vrodroyicere Ta 0, p <R dote T0 cvoTNA {

41. Av 0 egiocmon x2 - 3p - 4)x - 2v = 0 &ye pileg Tovg apOpovg 2 kar -5 va Ppeite
TRA





