Tpryovoperpkot aprOpot

a0poiocpnatoc yoviadv

A. AITAPAITHTEZ I'NQXEIX OEQPIAX

Olyovieg 6TOVG TOPUKAT® TOTOVS, AV deV divovton Teplopioplol, 0o OempodiLe 6Tt Elvat TETOEG
MOTE VA, EYOVV VON L0, OL TPLYOVOUETPIKOL 0p1BLLOL KOl O1 TOPOGTAGELS.

ovv(a + ) = cuvacvvp - nuonup ouv(a - ) =cvvacuvp +nuonup
nu(a + B) = nuacovvp + covanup nu(a - B) =npacvvp - cuvonpp
EPOL+E EPOL—¢€
1 -epaepp 1+ epaepP
cpoacpp —1 coacof +1
op(a+p)=22P= og(a—p) = 22201
opa+cop 6B —ooa
B. MEG®OAOAOI'IA AXKHXEQN

Kamyopio— M£00d0g 1
[a v e0PesT) TPIYOVOLETPIKOV OPIOUDY LLOG CUYKEKPILEVIG YOVIOG TPOGTOOOVLLE opy(L-
KG VAL YPAWOLLE QLT GOV AOPOLC LA 1] S1ALPOPA YOVIMDV 1 TOA/GL®V TOVE 1} VITOTOA/ GlmV
TOLG, AAAMV YOVIOV LE YVOGTODS TPLYMVOUETPIKOVG ap1OLLOvG.

Hoapaderypo 1

No vroloyiotei To nu 165°.

Avon

Hapatnpovpe ot 165° =2-60° +45° ondre:

nu165° = qu(120° +45°) = nu120° cuv45° +Muas° cuvl20° =

nu(90° +30°) cuv45° +Muds° ouv(90° +30°) = cuv30° Guv45° —Nuds° u30° =

V62
S . Anhadq mulese =22
2 2 22 4 NAoon Mk 4
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Koatmyopio— M£00dog 2
* [0 va amodei&ovle o TPLy®VOUETPIKT TOLTOTNTA GVVIOMG akoAovBolLLE Evay omd

TOVG TALPOKAT® TPOTOVG:

- A1 10 éva péAog cuvnBmG To Mo TOADTAOKO Kot pe T fondela KoTdAANA®Y TOTWOV
Kot TpaEemV TPooTafov e Vo KATUANEOVE GTO GAAO.

- MetaoympatiCovpe Ty To0TOTTo LEXPL VO KOTOANEOVILE GE 1IG0SVVOLLT| TOVTOTITA TOV
va glvor avepo 6Tt aAndevet.

- ITaipvoope kGO pérog Eexwplotd Kot e T fonfeio KatdAANA®Y THTOV Kot Tpa&emy
TPooTafovLE VO KOTOANEOVLE GTO 1010 OTOTEAEG L.

Otav o€ TpLy®VOLETPIKT TOVTOTNTO TEPLEYOVTL OPOL, KAOEVAG 0Td TOVS OTTOI0VE TPO-
KOTTEL LE KUKAKT] EVOAAOLYT) TOV YPOLUATOV IOV TEPIEYEL OTTO TOLG GANOVLS, TOTE OPKEL VaL
vroloyifovpe £va Povo amd o Tovg Toug GPovS Kot ot dAlot vtoAoyilovtat dpota.

Hapaderypa 2

e (a+B) _ ogp +opo
nu(e—pB) oo —opa

No amodcilete 6TL:

Avon

nuacvvp LA povva
nu(a+p) _npoouvB+nupovva _ muanup  nuempp _ opB+oga
nu(a—B) nuacvvp-nppovva  Mpocov  mupowva  oef - oo
nuomuB  Mpompp

Eivon

Hoapaderypa3

Na omodeitete 6T n“(u_ﬁ) +nH(B_Y)+nH(Y_a) ~0

nuonuf  nufnpy  muynpo

Avon
Eivow e (a—PB) _ nuacvvp -nupovva _ npacovp  npfovva _ B
nuonpp npompup nuompp  nuonpp
Opota Bpickovye ot M =00y —ooP )
nupnpy
Ko M =00 — oY (3)
neynpo
"Exovpe Aoumdv:

nu(a=B) nu(B-v)  nu(v-a)
nuonpp  npfnpy Muynpo

=00pP — oo+ oy — 6P +cpa—oey =0
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Koamyopio— M£00dog 3

Av divetal 106TTa YOVIOV Kot (NTEiTon 1I50TNTO TPLYOVOUETPIKOV OPOUGY 0VTOV TOV

npo =npp
Guva = Guvfp
YOVIOV YPNCULOTOIOVLLE TN CUVETOYWOYT: Av a=f 10te: |epa = e

oo = o

Hopaderypo 4

Av 0B = % va deryfei dTL o) vEL: (cs(pB + «/3)(0(1)(1— \/3) =—4

Avon
log tpomog

Apov a—-f = % glvou Sradoya:

cpacpP +1

G(\D((X—B)=G(p£=\/§c> -Be 6pacep + 1 =v350B — 300 <

6 5oB— oo
59acoB +~/3000—360B -3 = —4 < 600 (0B ++/3) -3 (cpp++3)=—4 <
(opp++3)(cpa—+3)=—4

20¢ Tpémoc

Anotmoyéon a—-p = % naipvovpe o = +%, omoTE:

b
opPpop——1
s -1
G(PO‘:G(P(B+EJ @6(p(1=—6n© cs(pa=\/§GLB\/f ey
6(p[3+6(p€ ooB++3

To mpmdTo PéEAOG TNG oYEong mov BELov e va deiloupie yiveTat:

(00843 ) (090 —3) - (wm@)[M_ @J _

36¢
opp++/3

\/gc(pB—l—\/gcch—3 _
(c(pB+«/§) cs(pB+\/§ -
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Kamyopio—MéBodog 4

Orav avapepdpoote og Tpiywvo ABI ypnopomoovpe v wooémra: A+B+T =7 and
OOV TPOKVITTOLV:

nu(A+B) =np(n—T)=nul ow(A+B)=ocvv(n—T)=—covl'

(uj (E_Ej-mi (ABJ(_EJ r
nu > nu 5 5 > > 5 5 nu2 KA.

Hapaderypo 5
No dsi&ete 6T 68 K00 TPiyvo ABI woyven:
€02A +ep2B+e02l' =02 A €9p2B g2’
Avon
Ioydet:
A+B+I'=n ©2A+2B+2'=2n < 2A+2B=2n-2I"
ep2A +€p2B

=0 (2n-2T) & 1-ep2A gp2B =l e

Onodte: ep(2A +2B)

e02A +€9p2B = —e02l' + 02 A €02B 02T’ < €92 A+ 2B+ &2l = €02 A €92B g2l

Kamyopio—Mé£00d0g S

"Evag tpomog Adong g e&icwong anux +pPovvx =y pe aff # 0 givor kot o e€ng:

AwpodyLe kot To, 600 PEAN [LE TO B Kot EYOvpLE: %n UX + GUVX = Y

Eme1dn vmapyer o (—g,gj £101 OCTE €W = % yiveTal: EQONUX + GUVX = Y =

o NUX + CLVX = % S NUON X + GUVXOVVE® = Y sove ow(x-m)= Y sove 6))
GUVE®

H tedevtaio e&icwon €yel Ao, av Kot povo ov, ¥ sove

<1 mov wodvvapel pe

a? +B2 = y?, mov givar 1 kovn Ko avarykaio cuVOKn yio v £xeL emiluon 1 apykr.

Hapaderypo. 6
Na Moete Vv e&iocowon: x/gnux +ovvx =1
Avon

Emeion e(pg = /3 n e&iowon yiverar:



Tprymvopetpikoi apiBpol afpoiopotog yovidv 159.

T
- nu—
3 T T T
e(pgnux +owvx=1< —nnux +owx =1 m,tgm,tx + cvvxcva = GDVE =

GuV—
3

T T
X——=2Kkn+—
cuv(x—%jzcwg@ 3,K€Z

T T
X——=2kn——

Apax=21<n+23—nﬁ x=2xkn,xe’Z.

I AYMENEX AYKHXEIX
Acknon 1

Noa BpeBovv o Tpry@vopeTpikoi apiOpoi Tov 16wy 15° ko 75°.
Avon

Eivat: ouv75° =nul5°® =nu (45" —30") = nu45°ouv30° —ovv45°nu30° =

BB

2 2 2 2 4
Etvor: nu75° = ouvl5° = ovv (45" —30") = ouv45°ouv30° + Muds5°nu30° =

V2 3 V21 Vo2

2 2 2 2 4
2
, i V62 (Y2 g4
Etvar: 6975° =gpl5° = = = = -2-3
owl5®  J6++2 4 4
Etvow: £¢75° =o¢15° = b1 2+43
' gpl5® 2-./3

Ackmnon 2

Av gpo. kon g@f givor o piles g e€icmong x2 +kx +A =0, TéTE va Ppedei n Tip g
mopaotaons: [1=nu(a+p)+nu(a+p)ovv(a+p)+Acvv?(a+p) cuvepToeLTOV KKOL A
Avon

Emedn epa ko e eivan pileg tng e€lomwong x? +xx + A = 0 amd Tovg TOIOVG ToL Vietta 1oyvEL:

K A
e(pu+e(pB=—T=—K (1) o e(pu-g(pﬁszk 2
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nu? (a+p) . knp(a+p)oovv(a+p) . Aouv? (a+P)

Etvor IT=ovv? (a+p)

ouv’ (a+P) ouv’ (a+f) ouv’ (a+)
2 A
=ouv? (0 +B)[ep? (0 +B) + kep(a +B) +A ] = 69’ (o +P) + kep(atP) +
1+e@?(a+P)
, spo+epf V —x K,
xonenedn e(o+B) = = = , EYOVE:
1 ee(o+p) 1-epaepp @1-1 A-1 HOOH
K2 K2 N
+ +
e e T R ) LS Vi _ M+ (-1
a s K2 - (A—1)% + K2 T (A=) +k2 (A—1)2 +«2
(A-1)?
Apa IT=A.
Aocknon 3

N’ amodry0ei 6TL avoykoio Kol 1Kavi] suvo K Y10 va 1eyveL 1) oxéon
EPX + QY + 0z = eQX -€QY - €0Z (1) givar X +y+z=xm (2) , 07OV K OKEPALOG,

Avon
H cuvOnin eivar avaykaio. Aniodn arnd tnv (1)énetonn (2). Ano v (1) égovue:
EQX + EQY = EQX - EQY - EQZ — EQZ <> €PX + @y = £9z(1 — eQxePY) 3).

Av 1—gpxepy =0 < epxepy =1 (4),
10t amd v (3) énetar epx + €@y = 0 < ey =—€epx ondte M (4) yphoeton

epx (—epx) =1 —e@’x =1 gp’x =—1 dromov. Apa 1-epxepy # 0 ondte and mv (3)
EPX + &

EmETOL: EOXTEPY _ —€0Z < eQ(X+Y) = e@(~2) and TIg oMoieC £METOL:
1 —epxepy

xty=kn-z 1 x+y+z=«Kn, 0mov K aKEPALOC.

H cuvOnin eivan ikavn. AnAoadn amd my (2), omov k aképarog Emetain (1).

And v (2) émetal X + y = KT - Z KOl CUVETMDG €Q(X +Y) = e0(Kkm — Z) = €0(—2Z) = —€Z , pa.

+
SOETERY _ —EQZ < EQX + EQY = —EQZ + EQX - EPY - EQZ & EQX + EQY + EPZ = EQX - EPY - EQZ
1 —epxepy

Aocxnon 4
Av A, B, T givan yovieg Tpry@vov vo dsyfei 6ti:  60°A +6¢’B+o?l'>1
Avon

AceB -1
Epocov A+B+T'=n 1oyt c(p(A+B)=c(p(n—F)=—c(pF©w—
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< 6pAcpB+ cpBool + cpAcpB =1 ()]

Onde: 6¢0°A +6¢°B+09°T > lg 6¢0°A +069’B+060°’T > 69pAcOB + c@BooI' + 6ol '6pA <
< 260°A +26¢0°B + 26¢°T > 2690Ac9B + 269Bo@l + 260 6pA <

< (6¢0*A —260AceB +6¢0”B) + (59’ B—260Bool +6¢°T) + (0¢*T — 269I' 6pA + 6¢p>A) > 0
< (60A —o¢B)? +(c¢B - o¢I')? + (ool —cpA)? = 0, mov 1oydelL

A ITPOTEINOMENA GEMATA

1. No Bpebei pe T11500ToL 1 KaOEUIE 070 TIG TOPOCTAGELG:

0. USXGUVX + GUVSXMHX B. cvv3xouvx +nu3xnux

¥. NU(X + y)ouvy — V(X + Y)NLLY 0. GLVXOLV(X + V) + NUXNU(X + V)
EQ4X — QX op3xopx —+1

& ——— —— oT. ——————————
1+ ep4xepx 63X —oPx

2. N’ amodetybei ott:

o S +80p _ np(a+p) B. cpB—epo _ cuv(a+p)
epo—gpf  mu(a—P) o0f +eoa N ouv(a—f)
o P nu(a+p)-nu(a—p) 5, 0@ +P)+epa—P) _epa 1+e¢’p
ovv2a- cuv2p ep(a+P)—ep(a—PB) o 1+ep?a

3. N’ amoderyBei 6t

a. ovv(a+f)-ocvv(a—p) = cuvia —nu3p

B. nuo-muB—y) +nuB-nu(y —a) +uy -nu(a—B)=0
4. N’ anoderyBel 6tLav x +y = 45° , 1016 (1+£09X)-(1+€Qy) =2.

5. N’ amodeyyBei 6t Mp(a+ ) - cvvp —nu(a+y) -ocovy =nuP—7v)-cov(a+p+7)

. 1
6. N’ amoderyBet 6tLav x +y = 225° , tote S ] =—

(1+00x)- (1+ cpy) 2

7. Na amodeyBei 6Tt av cvv(a—pB) -y —0) = cuv(a +p) -nu(y +9) , tote
o(pd = opa - o - oey
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8. N'amodeybei ot

0. ouv?(a+p)+ovvp —2cvv(a + ) - cvva - LV = npla

B. nu’ (a+PB)+np’p—2nu(a+pB)-nup - cvva = np’a

Y. NUX + CLVX = ﬁcvv(%— xj 0. CLVX —NUX = ﬁnu(%— xj

9. N’ amodeybel 0Tt 01 TOPAKATO TOPACTACELS EIVOL AVEEAPTNTEG TOL X.
21 4t
0. GUVX + GULV ?+x + ouv ?+x
B. cuvx +ovv? (120° +x )+ ovv? (240° +x)

o+ x) —nu(a—x)
ouv(B —x)—ovv(B+x)

o. Mu2x +np? (120° +x)+nu2 (240° +x)

€. oLV>X —20VVX -obva - cuVv(0 + X) + ovv2 (o + x) TOEa a, B, X, y v ta omoia givon

1 1 2 V2+3
Qo =—, epf=—=, cvvx:\ﬁ, ooy = — =
NE) J5 3 PN

nu(a+p) _1++/5
npx+y) 4

oYVELN oYEon

10. N’ amodeyBei 6t av A, B, I, A elvar yovieg kupTtol TETpamAlPOL TOTE IGYVEL T GYEC:

QA + 9B + €0l + epA

= QA - 0B el - epA
6QA + 9B + oI’ +cpA PR EPEERT LR

11. N’ anodery0ei 6tLov 69a+ o + oy =0 tote:

g@o - Muo- NP +7v) =B - MuB -nu(y +a) = ey -muy -nu(o +B) = —Mua- Mup - uy

12. No AvBovv ot e€iomaelg:

i. 3nux —v3ovvx =3 ii. nux + cvvx =~/2
iii. nux —ovvx =1 iv. nux ++3ovvx =2

2
ouv2o

13. Na anodeydei 6ti: e (45° + )+ (45° —a) =
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o _00a  oof 1
14. Av o+ =225°, va amodeiydei otu: : ==
1+ocpa l+opB 2

15. Av a+B+7v=m, vo omodeyBovv:
i. cpaoop + coPoey + cpacoP =1
ii. 6’0 +0@’B+o@y>1

. B

ii. £¢’ 5+e(p —+ep —2=1

l\)|~<

16. e 160 tptyovo ABI woyvet: nuANu(B+T) + nuBnu(T'—A) +qulmpu(A-B) =0

3cvva = cuv(a+2B)

17. Avioybovv {
np(a+pB), nup =0

} va deiybel ot 09 (o +P)opp = -2
18. Na dei&ete OtL:
i. mu(a+p)np(a—P)=np’a—nu’p=ocvv’p—ocovvia
ii. ouv(a+p)ovv(a—P)=ocvvia—nu’p
iii. Xe ka0e tpiywvo ABI 1oyde1n oxéon:
ouvI" ouv (A —B)—cuvAcuv(B —T') = nuB nu(A -T')

E “TO ZEEXQPIZTO ©EMA”

No 2v0cin egicoon: nux + J3ouvx =21, heZ








