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A. AITAPAITHTEX I'NQXEIX OEQPIAY

Opwopoi

* Movavopo tov x ovopdlovpe kabe Tapdotacn g Lopeng ax’ omov o€ R, v e N* ko x
pio LETaBANTH IOV popel va TapeL omolodnmote T otd To R. Movavopo tov x Aépe emiong
Kot KaOe Tporypaticd opopo.

Mov@vopo Tov X

1

@ III» Kvpro pépog
<

4

BaOpog v

Yovreheoti|g «III
a

Hoapddsrypa

2 2
To -3 x° glval LOVOVOLO [LE GUVTELEDTN 3 KOPLo PEPog x° Kot Pabpod S.

XopuKTNPLETIKG LOVAVLLO,

* Mndeviké pHovAavupo AEyeTal KAOE LOVDVVLO e cuvteAeotn undéy, m.y. 0x3, 0x5.

* Movdvopo pndevikod Badpod Aéyeton Kabe LLovadvu Lo Tov ooiov o Pabpdg eivar undév,
ny. 7=7-x°, 9=9-x°.

* ITohv@vopo Tov x ovopalovpe kabe tapdotoon e HopENS a XV +o, X " +...+ X + 0,

omov o, &, ..., 0, 0 € R kot x pio petaPinti mov pmopet vo mapet onotdnmoTe Ty
and to cvhvoro R.
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"Eva moAvdVVLO Tov X To supPoAilovpe cuvifog pe P(x), Q(x), £ (x), o(x) kAm. .
Ipagovpe howmov: P(x) =0 x¥ +a, X" +..+ax+0,
INo mopaderypa:

Hrapdotaon Q(x)=x3 —4x2+X+5 &ivol TOAGOVOLLO TOV X.

* X0paKTNPLOTIKA TOAVDVO Q.
* Y100gpa molvdvopa

Aéyovrar ot mporyportikoi apiOpoi Sniadt] ta moAvdvopa g Lopeig o, = a, - x°.

* Mndgvikd ToAD@OVLPO0
Aéyetorto otabepd molvdvupo 0.

* Xroygio molvovipov P(x) = ax'+a_x""'+..+ox+a,0 =0
- Opou: Aéyovtorto povovouo o X", ..., 0
- ZtaBgpoc 6pogc: Eivato 6pog @, mov dev meEPEYELX.
- Xovreheotéc: Aéyovton oL wpory HoTikol optOpol o, o, sy O, 0.
- BaBpog: Eivaro exBémg v.
- ApOpn Tuch Ty yrax = E&: Aéyetaio apibpog P(&) = a & +...+a,&+a, T TPOKOTTEL
0V 610 P(x) OVTIKOTOGTCOVLLE TO X LE TOV aptBud &.
- PiCo:: 'Evog ap10pog p € R Aéyeton piCatov P(x), av karpdvoav, P(p)=0.
Xyoio
Boabpog undevikod molvwvopov dev opiletotl evad o fabuog kabe otabepod pn undevikod

TOAM®VOLLOL Elvorl Undév.
Hoapddsrypa

To movdvopo P(x) = 5x2 + 6x —1 sivor 2% Babpov ko £xel GUVTEAEGTEC: 5, 6, — 1.
O 6tafdepdg 6pog Tov ToAv®VOpOL P(x) eivar— 1.

H aptdpmticy T tov P(x) yia x =1 eiva: P(1) =5-12+6-1-1=10

IeétnTo Tolv@vipev
AVO TOAGVLLLOL TOL X A£yovTal ioa, oV Kot [Lovo o givar Tov 13100 Pabod Kot ot GUVTEAECTES
TV opoPddpiov 6pov Toug gival icot.

"Etctov P(x)za“x“ o XET oy X o Ko

Q(x) =B x"+B,_ x""+. +Bx+B,

gtvor 500 TOAVMVLLOL TOV X LE 1L =V, EYOVLIE:
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a, =B, o =B, ..o, =P,

o =0 . =..=a =0

P(x)=Q(x) & {
v+1 v+2 n

Hopddsrypa

Ta moAvGVL L P(x)=ax? +Bx2 +yx+8 wou  Q(x)=2x2+3x+1

etvaioa, avkoipovoav, 0=0, =2, y=3,5=1.

Ozopnpo 1 (TovtétnTe TS draipeoncg)
TN ké0e (evyog moAvovipmv A(X) ko d(x) pe §(x) # 0 vdpyovy 0o pHovadtcd TOA GV
n(x) kon v(x) térow dote: A(x) =3(x)m(x)+v(x)

6mov 1o v(x) eivor To UNdevikd TOAVOVVLO 1 Exel PaBpd prcpdTepo omd To Budpd Tov §(x) .

A(x)]3(x)

n(x) oge A =3()a(x)+v(x)
v(x)
* A(x) Supetéog * 5(x) droupéme + (x) mAiko

* v(x) vVrorouro Ko eivar Padpod pikpdTepov amd to Badud tov §(x), M v(x)=0.

Ynueioon
H dwipeon A(x):8(x) Myetartédetaay v(x) =0.
Téten tawtdémTo TG Sraipeong ypdpetar: A(x)=3(x)m(x) xarto §(x) Aéyetou mapdyo-

vtagTov A(x).
Orekppdioeic:
-10 §(x) &tvon mopdyovrog Tov A(x), to §(x) darpeito A(x),n dwipeon A(x):5(x)

ivartéetn, vdpyel m(x) dote: A(x)=8(x)n(x) eivaricodvvapeg

Ozopnpa 2

To vdAouro g dripeong evog Tolvwvipov P(x) peto x —p eivaro apuds P(p).

H tavtétnta g dwipeong P(x) X—p
n(x)
v=P(p)

gtvar: P(x)=(x—p)n(x)+P(p)
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Ozopnpo 3
"Eva moAvdvopo P(x) éxetmapdyovte, 1o X —p , av kKot povo av, to p eivar pilo tov P(x).

AnAadn: P(x)=(x-p)n(x) = P(p)=0

Ozopnpa 4 (tng axéporog pitag)

Avto P(x) = a X" +..+o,x+0, éetpilotovaxépatop, p =0 16TE 0WVTOG Soupei Tov .

Ynueioon
Tic axépareg pileg Tic avadnrodpe HEGH GTO GHVOLO TV SLOPETMV TOV O, .

B. ME®OAOAOI'TA AXKHXEQN

Katnyopio—Mé60dog 1
[IpdoBeo - TOAATAACI0GLOG
TNo v Tpdobeon (apaipeon) Kot TOAAATAAGLOGLO TOAV@VO LMV 1o OOVV 0L 101G 1010TT-
TEG TIOV LOYVOVV KOl GTLS OVTIGTOLYEG TTPAEELS LETOED TTPAYHOTIKMY OpOUdV.
[pocoyn opwe oty Tpdcsbeon (apaipeoT) TOAVOVOL®V Y10Tl TpocHEToV E PETAED TOVG
UOVO TOL OLLOLEL LLOVAVOLLOL TOV EIval GPOL TOV TOADOVO LMY QVTMV.

Mo mapdaderypa to povovope 2x3, 5x? dev eivol duvatd vo Tpocstefoldv apod dev givat
opoLa, eV ToL lovavopa 2x3, 5x3 mpootifevtar kot to dBpotsio Tovg eivar:

2x3 +5%x3 =7x3.

Ztov moAomAacac o Tolvavipov P(x)-Q(x) = d(x) 10 d(x) Oa éxet fobud to
a0powopo tov fadudv P(x), Q(x).

Hopaderypo 1
Aivetonto mohvdvopo: P(x) = ox3 +(a—1)x2 +(202 -1)x +3

Bpsite to 0 € R dote P(2) = -3 kon 61 cuvéggia 1o Padpd tov P(x) yio kéOe Tym) Tov o

mov fprikoTe.

Avon

‘Exovpe Sdoyikd:  P(2)=-3 < 02’ +(a—1)22+(202-1)2+3=3 <
Sa+4(o—1)+402 —2+3=-3< 402 +120=0 < 4a(a+3)=0

Apoa=0Ma=-3

*Tw o=0 tomolvdvopoyiveton:  P(x)=-x2 —x +3 Kot givor 2% fabuod

*Tw a=-3 tonolvdvouo yivetar:  P(x)=-3x3 —4x2 +17x + 3 Kot givar 3°° Babpon
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Hapaderypa 2

Bpeite 10 Badpé tov morvovipov: P(x)=(a—-1)(02 -9)x3 +(a2 —4a+3)x> +30-9 T
TG O1aQopes TINEG TOV o e R

Avon

T va Bpovpe 1o Badud tov P(x) mpénet va yvwpilovpe ov o cuvtereotig (o —1) (a2 —9) tov
peytotoPadov (amd TpmTn dmoyn) opov givor undév i oxt. I't” awtd dtakpivovple S0 TEPITT®-
CELC:

In Hepinrwon

Av (0-1)(02=9) =0 dnradf av o =1, o= 13 1618 10 P(X) £ivan 30v Padpod.
2n lepinrawon

Av (a-1)(02-9)=0 MAodn a=1 14 =3 | a=-3, to1c:

i. T a=1 sivon P(x) = -6, nhadn otadepd pm pndevikd ToAdVOO omdTe sivat pmde-
vikov faOpo?.

ii. T a=3 givon P(x) =0, dnhadn undevicd tolvdvopo ondte dev opiletan Padudc.

iii. o o = -3 eivan P(x) = 24x2 —18, dnhadn etvan toAvdvopo 200 Badpod.

Koatmyopio— M£00dog 2

Orav {qretton molvdvopo P(x) mov ucavomoiei Sobsica oygon:

1° Tpoomabobie vo tpocdiopicovpie (ov dev divetar) To fabuo Tov.

2° Av J10meTAOCOLLLE OTLEVOLT.Y. VIoGTOV Pafpov, vtodéTovpe OtTt gival Tng LopENc:

P(x) =0 X" +...+0,x+0,

3° AvtikafBiotodpe otn dobeica oyéon Kot PETA TIC TPAEELG KATOAYOVUE GE 1GOTNTA,
TOA@VOI®OV otd TNV omoia pe TN Borfgia, ToL 0PIGHOD TNG IGOTNTAG TOAVMVOL®OV
npocdopifovpe ta a,0,...,0, SNAadh to P (x) . (“néBodog mPocdloPIETEGY GUVTE-
AEOTAOV”)

Hapaderypa 3

Bpcite molvdvopo P(x), 1ov BuBpov, dote vaoyder: P[P2 (x)] = 8x2 +24x + 21 Y kG0
x eR.

Avon

"Eoto 6mt P(x) =ax+B pe a#0.

Me avtikatdotacn ot dobsica oyéon Exovpe dlodoytd.:

P[P2(x)] =8x> +24x +21 < aP? (x) +B =8x> + 24x + 21 &

a(ax+B)2+B:8X2+24X+21©a(a2x2 +20xB+P2)+P=8x2+24x+21 <

a’x? +20%Bx + of? +f =8x* +24x + 21
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Hropondve ic6tto ioyderyio kdbe x € R, COLO®VA LLE TOV OpIoUO TNG 10OTNTOS TOAVOVD-

o} =8
o=
paov, av kot pévoav, J20p=24 < {B 3
ap? +p=21 B

Apato qrovpevo moA VU0 eivarto P(x) =2x+3,

Hopaderypo 4
Na Bpsite To mnAiko Kou to vrolouro TG draipeons A(x): 5(x) émov:

A(x) =10x3 -9x2 +4x -1 ko §(x)=35x2-2x+1
AOPIS vo ekTELEGETE TN dLaipED).
Avon
Agod 1o A(x) eivon 3% Badpod karto & (x) 2%, O mpémet to mdiko TT(x) vaugivon 19 Babuow ko
10 VIOrowo v(x) 1o TOAD 1% Paduov.

"Ecto Aowmov: I(x) = ox + P ko v(x) = kKx + A

Amd TV TowtotTa g daipeong A(x): 8(x) éyovue:

A(x) =38(x)TT(x) +v(x) & 10x* —9x2 +4x —1 = (5x% = 2x +1) (0x +B) + Kx + L &
10x3 —9x% +4x —1 =503 + 5fx2 — 20x2 —2Px + ax + B+ kX + L &

10x3 —9x2 +4x —1=50x> + (5B — 20) x? + (00 + K —2B)x + B+ A

H tehevtaia eivat 100TNT0 TOMGVOLL®V TPETEL KO OPKEL VOL IGYVOLV

Sa =10 o=2
Sp-2a=-9 B=-

=S / g _
(1+K—2B=4 k=0 Ap(lH(X) 2x 15 v=0.
B+a=-1 r=0

Katnyopia—Mé60dog 3

* Tl va Sronpécovpie ToAv@VVRLO LE TNV 1810 peTafAn T akolovBol e ) yvooTth dloduco-
oo Tng daipeong.

* T vo Stopécovpe TOMMVLLOL LLE TTEPICTOTEPES TNG MG LETAPANTEG, Bepolie avtd
MG TOAVOVLLLO TNG pag LeTafAnTig (0mota B€AovLE) VA TIg LITOLOUTES TIC BEPODLE
oTofepEG KO KAVOLLLE TN S10{PEST) KAVOVIKA KOTA TOLYVOOTA.

* Otav 670 d10upeTEO0 Aeimel KATOL0G OpOG Y. 0 X*, TOTE N APrvovpe TN BEom Kevi 1
yphopovpe 0x*.

Hapaderypa s

No. Bpeite To AnAiKo Ko To VOO0 TNG Sraipeonc: (x2—x+x*-2):(x2—=x-1)
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Avon

X4 +0x3+x2—-x-2 |x2-x-1

(+)—x* +x3 +x2 X2 +x+3

x3+2x2-x-2

(+) X3+ x2+x
3x2+0x -2
(+)  -3x2+3x+3

3x +1

H dodikacio g daipeong otapatd yioti to 3x + 1 givar Babpov pukpdtepov tov 2% mov givat
0 BaBpog Tov dropétn x2 —x —1.
Apa €yovpe: InAixo: M(x) =x2 +x+3 kot

Yrorowo: v(x)=3x+1

Hapaderypo. 6

No. Bpe0oiv o mhiko kor To vwdérowro e dwipeong:  (5x2 —3ax —2a2) : (x —a)
Avon

log tpomog

(®empovpLe TO TOAVGOVLLLO, LLE PLETAPAN T TO X)

5x% -3ax—-2a%| xX—a
(+)—5x2 +Sax 5x + 20,
20x — 202
(+) —20ax + 202
0

20¢ Tpomog
(Oe@poviLe TO TOAMDOVVLLA [LE LETAPAN T TO O1)

—202 —3x0+5x2| —a+x
(+)+ 202 - 2xa 200+ 5%
—5x0+ 5x?

(+) +5x0.— 5%
0

Apaéyovpe: IInAico: 20+ 5x kot
Ynrolowmo: 0



182. IMoAvdvopa — Alaipesn moAv@vOHH®Y

Kamyopio—MéBodog 4
To oynua Horner givot puo péBodog e v omoia popovple va fpodpe:
* To nAiko kot To vdrowwo g daipeong P(x): (x —p) xwpic va exteAécovpe TV

Swipeon.
Andodn oviikafiotd TV Slaipect TOAVOVOU®OY LOVO OO GTNV TEPITTOGT TOL O

Sroupéng etvon g LOPONG X —p .
* Ty apOpn Ty Ty} Tov ToAvwvipov P(x) v x =p , dniadf to P(p).

Ortav o d1oupetéog givar EAAETES TOAVGVVNO (AEITOVY KATOLOL OPOL), TOTE TPEMEL OTIG
avtiototyeg Béaelg Tovg otov ivake Horner va tomofetobviat Pndevika.

Hapaderypo. 7
Mg ) o0t tov syfpatog Horner va fpedovv To aniiko kor To vrérouto Tng daipeong:

(2x3 —=x2+7x+5):(x+1)

Avon
2 -1 7 5 -1
N -2 N 3 o 10
A A A
iR
& Wl & (ﬂl & (+)l
2 -3 10 -5

Apo TT(x) =2x2-3x+10 kou v =-5

Kamyopio—Mé£00d0g S
Av yvopilovpe dvo moldvopa A(x) kot §(x) toTe sivon Suvard vo Ppodpe o Thiko

I(x) xartovrdrouro v(x) g dwaipeong A(x):8(x) pe Toug e€ng TpodmOLG:
1° Kdvovpe ) dloipeon Onmg EXOVLE TEPLYPAVEL

2° Tmpopacte oty tontdmra g dwipeong A(x) = §(x)T(x) +v(x).

Yrohoyilovpe apyuicd Toug Baduovg tov I1(x) ko v(x) kot ot cuvéxsia epyalopo-
o7Te e TN PEB0S0 TG “TPOCIIOPICTEDY GUVTEAECTOV .

3° Av §(x) = x —p ypnoonoodpe oyfuo Horner.

Hapaderypo 8

Na ppe0si To morvdvopo §(x) 1o omoio Sraupeito A(x) =3x2 +7x2 + x — 2 Ko diver TnAi-
ko IM(x)=x+2.

Avon

Agod 1o A(x) etvor 3% Babpod ko to T1(x) lov, 10 §(x) Ba eivar 2°° Paduov.
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"Ectm Aowmdv ot 5(x) = ax? +Bx+y, a0

Topemva pe v vrodeon n dwadpeon A(x):8(x) eivon téheio omdTe N TOLTOHTNTA TNG Efvar:
A(x)=8(x)(x) < 3x2 +7x2 +x -2 =(ax?> +Px +y)(x +2) &

3x2+T7x2+x -2 =0x> +20x> + x> + 2Bx + yx + 2y &

3x2+7x2+x -2 =0x>+(2a+B)x> +(2B+7)x +2y

oa=3
o=
. . . , . 2a+B=7
A7 Tov 0pIopd TG 100TNTAG TOAV@VOU®V TOIPVOVLE: 2 : S p=1
+y=
=-1
2y=-2

Apo 8(x)=3x2+x-1.

Kamyopio—Mé£00d0g 6
TIava Sei&ovpe 6t éva molvdvopo P (x ) Stonpeitar pe yvopevo mg popeis (x —a) (x —B)

apkeivo ogi&ovie otL: P(a)=0 Ko P(B)=0
Y& aoknoelg Tov {Tovv Kot To TNAIKO TG dlaipeons akoAovOovLLE TO TOPUKATO:

To x —a dupeito P(x) ométe: P(x)=(x—a)TI, (x) 1D xo
10 x —B Srmpeito I1, (x) omére: 11, (x) = (x—B)I,(x) ()
Ao (1) ko (2) maipvoope: P(x)=(x-a)(x —B)1I, (x) dnhadn to (nrodpevo.

Tnv {61 Srodikacio akolovOodue kot 6tav o Srarpétng eivar mg poperc (x —a)’ .

Hapaderypo 9

Mg 1 Por)0cio Tov oynjpartos Horner va amodci&ete 6TL TO TOAVOVLHO
P(x)=2x3+5x2 -9x—18

dwpeitor peto yvépevo (x —2)(x +3) kavvo Bpeite To Tnhiko.

v
von 2 5 | 9 | a8 | 2

Kévovpe oyfjua Horner yio t Swodpeon P(x): (x—2)

Anhodn éyovpe P(x)=(x-2)(2x2+9x+9) (1)

omov I, (x) =2x2+9x+9

Kavoupe oyfuo Horner yo my Swipeon 11, (x):(x+3)
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Anhadn éxovpe T, (x) =(x +3)(2x +3) (2)

H (1) dtvetMdyo mg (2): P(x) =(x —2)(x+3)(2x +3) , mov onpaivel 6tito P(x) Sronpeivon pe

70 yvouevo (x —2)(x +3) ko to Tnhixo eivat To molvdvopo: I, (x)=2x+3

Hopadsrypa 10

No Bpeite 0,p € R dote 0 MoAvdvopo P(x) = x¥*! +ax + B vo éxgr mapayoviato (x —1)°.
Avon

Apyd mpénetto P(x) vo éyetmapdyovta to x —1 dnhadny P(1)=0.

Kévovpe oyipo Horner yi to P(x) xoito 1.

1 0 0 0 o B 1
1 1 1 I [a+l
1 1 1 1 |o+l|a+p+1

Apanpénet P(1) =0 < a+p+1=0 dnhadf a+p=-1 (1)

"Exovpe P(x) =(x —D(x¥ +x""' +...+x+0a+1)

‘Eoto I1(x) =x"+x" +...+x+a+1.Qanpénerto I1(x) vaéyst napdyovioto x —1.
Apampéner T1(1) =0 < 1+1+..+1+0+1=0 v+o+l=0ca=-1-v
koaramo (1) -1-v+B=-11P=v.

Apampénet o =—1-v kou B=v.

Kamyopia - Mé0odog 7
Epappoyn tov Bempnpatog 4 (thg Axéparag piloc)

Hoapaderypo 11

Na dci&ete 6TLT0 P(x) = X2V — x2¥ +1 O¢gv &yer axéparn pila.

Avon

"Eotw 611 éxet axépoum pila tote avtn Ba doupeito 1 dpoBo givor 19 — 1.

P(1) =1 Gromo, P(-1) = —1 emiong dromo

Hopéderypa 12

AvTo P(x) =2x° +B2x* +37x? +1 &e1 o axépam pila, vo Ppeite Tig TLpég Tov P.

Avon

To P(x) apov &et axépoun pilo avtn Ba Swopei o 1 dpo Ba etvan 1 1 — 1. Amorkeietan dpogn
—1 0POoY Ol GLVTEAEGTEC TOL TOAVMVVLLOL Elvort 6Aot BeTiKot.
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ovendg  P(-D=0<2(=1) +p2(=1)’ +37(-1)’ +1=0 = 2-B2+37+1=0 <
B2 =36<P=16

I. AYMENEXAYKHXEIX
Acknon 1
"Eot® 10 m0lvdvopa P(x) = (20— B +1)x2 + (2B —y+1)x +2y —a—2 KO
Q(x)=ax2 +Bx+y
omov a,B,yeR pe (a1 +(B-2)" +(y-3)’ =3(a-D(B-2)(y—3) kon a+B+y#6.
Na derydei 611 P(x) = Q(x).
Avon

Amdmoyéon (a—1° +(B-2)" +(y-3) =3(a—-1D(B-2)(y-3) ovprepaivovpe ot

(a—D+(B-2)+(y-3)=0 o+B+7y =06 anoppinteTar
7 dnAadn Ul )
a—-1=pf-2=7-3 a-1=pf-2=7-3

a-l1=pf-2<=P=a+l
Amd (1) éypovpe: B-2=y-3<p+1 )]
a-l=y-3a=y-2
Orovvieleostég Tov moAv@VOLoL P(x) etvaregattiog g oyéong (2):
20-B+1=20-(a+D+1=0a, 2B-y+1=2B-(B+1)+1=p,
2y-a-2=2y-(y-2)-2=y
Aniadn ta P(x), Q(x) £xovv OA0LG TOVG GUVTEAESTEG TV OpoPadimy opav Tovg {covg.

Apa P(x)=Q(x).

Ackmnon 2
Bpzite mohvdvopo P(x), 300 Badpov, avyio kads x = 0 woydee:

2[P(3x)+3P(-2x)] —3x3p(1j =13

X
Avon
"Eoto 61t P(x) = ax3 +Bx2 +yx+0 pe a=0.
"Exyovpe Srodoyicd:
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2[P(3x)+3P(-2x)] —3x3p(1j =13

X

2 (3% +B(3x)? +7(3x)+8) +3 (o (<2x)* +p(=2x)7 +y(-2x)+8) |-

RO ORORE

2[(270x3 +9Bx2 +3yx +8) +3(~80x3 + 4x2 — 2yx +8) | -3x? {%+£+1+6} =13

x3 x? x

2(30x3 +21Bx2 —3yx +43) — 30— 3px — 3yx2 —38x3 =13

(60.—38) x> +(42B-3y) x> —(6y+3B)x +85—3a =13

H televtaia oot ta e Baomn Tov opiopd TG 160TNToG TOAOVOU®Y, SiveL:
60-33=0 d=2a 6=2
42-3y=0 y:l4[3c:> vy=0
6y+38=0 B=0 B=0
86-3ua=13 a=1 a=1

Apa 0 (NTodIEVO TOADVLLO Eivo: P(x)=x3+2

Aocknon 3
Bpeite ig ipég towv o, € R ywatig omoieg, yua kd0s x € R —{2,3} wydeu:
2x+1 o« N B
x2-5x+6 x-2 x-3

Avon

Extelolpe Tig mpa&els Ko oo, 500 PEAT TG oXE0NG.

x4l e B x4l _a(x-3)+B(x-2)
x2-5x+6 x-2 x-3 (x-2)(x-3) (x-2)(x-3)

2x+1=0(x-3)+p(x-2) < 2x+1=ax —30+Px —2B < 2x+1=(a+B)x — 30— 2B

Eivau:

H televtoio enedn mpénetv o woyvet yukabe x € R —{2,3} eivar 166t toAvmvipomv Tov .
Me Béomn Aotmov Tov optopod TG 1I60TNTOG TOAVOVOLMV EYOVLLE:

{a+B=2 {a:2—B {a:2—[3 {az—S
= = =
Ba-2p=1"" |-3(2-p)-2p=1"_ |p=7 p=7

Aocxnon 4
"Eoto molvdvopo P(x) tétow dote: P(2x +1) =2P(x)+3 yekée x € R kar P(0)=0.
Navroloyeteito P(15).
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Avon
Hdobeica oxéon P(2x+1) =2P(x)+3 (1)
Y x =7 dtver: P(15) =2P(7)+3 )

Tovenmg yio. vo. Bpovpe o P(15) apkeivo Ppodusto P(7) . Eapuodlovpe lowmdv my (1) yia
x =3 xauwaipvoope P(7) =2P(3)+3 ()

Avolnrovpe étoito P(3).

H (Dywa x =1 dive: P(3)=2P(1)+3 @)

To P(1) Bpiokovpe omd v (1) v x =0: P(1) =2P(0)+3

konenedn P(0)=0 sivar:  P(1) =3 )

Am6 (4), (5) modpvovpe 61t P(3) =9 ondte amd ™y (3) mpokvmret ot P(7) = 21.

‘Etoin oyéon (2) divet: P(15) =45

Aocknon 5
Bpeite to mnhiko kon To vroloro TG draipeonc: x5 (x — 1)2
Avon

Eivor (x —1)% = x2 —2x +1

Ondre: x5 +0x% +0x3 +0x2 +0x+0 | x2-2x+1
(+)—x5+2x4 - x3 x3 +2x2 +3x+4
2x%— x3+0x2+0x+0
(+) —2x* +4x3 - 2x2

3x3-2x2+0x+0

(+) =3x3 +6x2-3x

4x2% -3x+0
(+) —4x2+8x—4
5x—4
Apo éyovpe: InAixo: (x)=x3+2x2 +3x +4

Ynorowmo:  y(x)=5x-4

Acknon 6
Molvdvopo P(x) dropodpevo peto x —1 diver vwoéiowro 3 Kon dSronpodpevo pe To x + 2

divervméroumo 9. Na Ppeite To vorouro g draipeong Tov P(x) peto (x —D(x+2).
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Avon

H tawtétnra g dtaipeonc tov moAvmvopov P(x) peto (x —1)(x +2) ypdoetar:
P(x)=(x-D(x+2)I(x)+v(x)

Eme1dn o Sraupéng eivan 20v Babpov to vrdrotro Ha givor To mord 1ov fadpod.

'Eotm v(x) = ax + B . Téte ) tawtdtnro g Srodpeongypdpetar:

P(x)=(x-D(x+2)TI(x)+ax+p
And v tehevTOia 1IGOTITO TOUPVOVLE:

vy x =1: P()=0+p
Yoo X =—2: P(-2)=-2a+B
. a+p=3
Enedn amd tnv vrddeon eivar P(1) = 3 kot P(-2) =9 &yovpue:
-20+p=9
H Mom tov svethiuotoc divel: o= -2 Kot p=5 dnhad v(x)=-2x+5

Acknon 7
i. Na anodeitete 61170 VOLOLTO TNG drwipeong evic modvavipov P(x) peto ax+B, a#0

givar: v = P(—Ej .
o

ii. Na Bpeite p € R @ote TO vVIOLOUTO TNG OLOIPECN S TOV TOAVMVOOV
P(x)=8ux?+(p—1)x+3 peto 2x +1 va givar 5.

Avon

i. H tawtétnto tg Staipeonc tov molvovipov P(x) pe 1o ax +p ypdpeto:

P(x)=(ox+B)I(x)+v(x) (1)

Emedn o dwpéng eivar 1ov Babpov, to vrorowro Oa ivar otabepd Tolvdvupo, apan (1)
ypagetar:  P(x) = (ax +B)I(x)+v

lNo x =—E &yovpe P(—Ejz(u_—BHSjH( Bj+u dnAadn P(—Ej =v.
a a a a

o

ii. o va sivon To vddouto ™ Swaipeong Tov P(x) pe 1o 2x +1 ico pe 5 npémet amd 1o epd-
3
. , 1 , 1 1 ,
™o i. voioyoe: P -3 )= 51 8u -3 +(p-1) -3 +3=5 1

- , 1 ,
8“—1—E+l+3:5 M —H—£+5:2 n —2“—“4—1:4

8 2 2 2
Anhadn -3u=3 p=-1



IMoAvdvopa — Aaipect TOA®VOLOY 189.

Acknon 8

Av 1o moAv@vopo P(x) &L mopayovta 1o X + 2 , va amodeitere 6tL 10 ToAv@vUpo P(5x —7)
&yerwapayovra to x —1.

Avon

Agov 1o P(x) éxermapdyovrato X +2 =x —(=2) Ba woyvet P(=2) =0 (1).

Bpickovpe Tnv ap@pmtikn tipr tov P(5x—7) yoo x =1.

(6))
‘Exovpe: P(5-1-7)=P(-2)=0.

Apato 1 givor pia tov P(5x —7) , emopévag 1o P(5x—7) éystmapdyoviato x —1.

A ITPOTEINOMENA OEMATA

1. Me ) Bonbeia Tov oynpatog Horner va Bpeite 1o tnAiko kot To voilouro tng dloipeong:
(3x° +12x3 =20+50): (x —2)

2. Me ) Borfeta Tov oynipatog Horner va Bpeite To TnAiio kot To VTOAOUTO TG O10UPESTC:
(axs +Bx*+1):(x—1)

3. Atvetanto modvdvopo P(x) = x13 —10x'2 +10x! —10x'° +...+10x — 1. Na.Bpeite 1o P(9)
xarto P(11).

4. Me ) Bonbeia tov oynpatoc Horner vo omodei&ete T1 T0 TOALVMVULLO

P(x)=x*-6x3+12x —11x + 6 Srupeiton pe t0 x2 —5x + 6 Ko va Bpeite o TAiKo ToV.

5. Na Bpeite o, € R dote tomolvdvopo P(x) = 3x4 —ax3 +5x2 —9x + B vo dwpeita pe

70 X2 -1.

6. Na omodeifete 611 10 ToAGOVULRO P(x) =X —v3*Ix+(v—=1)3", ve N &gl mopdyovia
0 (x-3)°.

7. Na Bpebodv ta. o, € R cuvapthicet Tov v d6te 10 modvdvopo P(x) = ox¥ —px¥! +2 va
gyel mopayovTa 1o ToAvdvupo Q(x) =x2 —2x +1.

8. Na detyBei 611 To oA dVLpO Q(X) = X2 — X &ivan TapdyovTag TOL TOAVMYHILOV
P(x)=(2x-1)

2v+l1

+x>7'—3x+1ue veN.

9. TToAvdvopo P(x) Stupoduevo pe 1o x —3 divervmérouro 1. Na Bpedei To vmdrowwo g
dwipeong P(2x+1): (x—1).
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10. TTolvédvopo P(x) éyet mapdyovia 1o x —4 kon givor T61010 MoTe Y100 kébe X €R var

woyvet: P(x+2)=P(5x—1) . No Bpebei 10 vwdrowwo g Swiipsong P(x): (x—9).

11. TToAvdvopo P(x) Stpodpevo pe to X +1 divel To vTOAOUTO S5 KL SLOPOVUEVO LLE TO

x —3 Stvervrorouro — 7. Na Ppedei to vorowro Tng dtodpeong P(x) :(x2 —2x —3).

12. TToAvdvopo P(x) dwpovpevo pe to X —1 diver vmorowmo 4, dropodpevo e to X +2

dtvervmorouro 26. Na Bpedei 1o vmorouro g dwaipeong P(x) peto (x —1D(x +2)(x—3).

13. No. Bpeite 0, € R do1e 10 ToAvOVLHO P(x) =2x5 —x2 + ax +B Slapoduevo pe 1o

x2 —4 divel vorowto 35x —5 .

E “TO ZEEXQPIXTO ©GEMA”

PlGx+1)']=[P(7x-6)]’ —Zx}
P(1)=0 '

1.’Ecto nolvdvopo P(x) tétolo dote {

Na Bpedeito P(27).

2. Na wpocdropietovy ot o, € R @6te To TOAVAOVULPO:

P(x)=x*-6x*+(2a+B)x>—(a+1)x+a—4p
vo givon TEAE10 TETPAYOVO GALOV TOAVOVULLOV.





