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T'ENIKOI XKOIIOI MAOHMATOX

Noa pmopovv ot pantég 61o T€A0G ToL HLaBNUATOS VO SIUTLTTOVOVY TOV OPIGLO TOL
ovvtedeaT] d1evBvVoN G €VOEiNG, VL £YOVV KOTOVOTNGEL TOVG TOTOVG TV EVOEIDV.
Eniong va etvar wcavoi va. voroyilovv , amAomolovy , amodEKviouy Kot Vo, ETAVOVY
wpoPAnuata pe gvbeiec.

EIAIKOI XTOXOI MAOHMATOX
Na etvar o€ Béon 610 T€A0OG TOL padpaTOG O pHaBNTES VO
1) Ymoloyilovv tov cuvieleotn dievbuvong evbeiog
2) Ymnoloyilovv v yovia mov oynuotiCet pa gubeia pe tov aEova x'y.
3) Bpiockovv Tig £El6MOGEIG TOV gLELDY
4) Embovv mpofAnpata pe 160okeA Tpiyova, eufadd tprydv, moporlinioypoppo,
TETPAYOVO K. 0.

MEZA: ITivokag, kipwiieg 1 popraddpot, H/Y , pototumies.
YAIKA: CD, cAduwvtg, oyolikd Pifiio kot oavokAaoTikdg mivokoag.
Y AH: Zyoho Biiio — oehideg 55- 65.

Kpumpua Yrovpyeiov.

ME®OAOZX: Atepguvntikn kaBoomnyoueEVT] avaKOAVY.

A. AZEIOAOTHXH TOY MAG®HTH - MA®GHXIAKH ITOPEIA
EIZATQI'TKH APAXTHPIOTHTA
Me KatdAANAEC EPOTNOELS EPEVVOVLE AV O1 LOONTEG KATEYOVV TPOTNYOVUEVES YVADGELS
oo TNV EUTELPLO TOVG
1) Avon pog eicmong
2) TI'pappukn e€icmon
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3) I'pappukd cvotua

4) OpBokavoviko cvoTnra aEOVav

5) Evbeieg kou aEoveg, evbeiec mapdAinieg otovg dEoveg, mAdyieg evbeieg.
6) Eopomtopévn oeiag yoviag opboywviov tprydvov.

7) Tig Tyég g eamTopévng Yo Pacikéc ywvieg oto dtdotnua [0,27).

B. EIZAT'QI'H YAIKOY ITPOX [TAPATHPHXH. APAXTHPIOTHTA-ANAAYZXZH
ANAIITYZH THX ENOTHTAZX ( ITapddoon)
O dwdokmv Ypapel otov Tivako Kot {NTé amd Tovg pabnTtég Tov , 6Ta TETPASIA TOVG,
1. va oyedidoovv to opBokavovikd cOeT 0EOVEOV
2. vo oyedtdoovv o TAdylo evbeia, po vBeio//y y ko po evbeio //y .
3. va cvpfolricovv pe ® TV Yovia mov oynuatifel n evbeia pe Tov 'y
O dwdoKmv divel

1. Tov opiopud T0v A cuviekeost dtevBuvong g evbeiag 1 KAion g gvbeiag.

2. T tpég Tov ©

3. To mpdonpo tov A yia Tig SAPopeg TIHEG TS YOVING ® Kol TOTE 0V OpileTOL O A.
2t ovvéyeto {ntd and toug padntéc: Iwg oyxedialovpe gubeia mov diépyetat amd onueio
A Ko €xel yvootd cuvteleotn dehBuvong A;
KaBodnyet toug padntéc prpa — pua og eEng.

e Tovug {ntd va tomobetoovv 1o onpueio A(-5,3) oe opBokavovikd cvoTnUa

aEovov.

e Tougdivettov A . Eotw A = %

Tovg {ntd va KivnBobv 2 povadeg mpog T KAtm kot 3 povadeg mpog ta de&id.
[Tpocdopilovv étot to B(-2,1).
Evavovuv ta onueia A,B kot tpogkteivovy ekatépwbev tov A, B.
¢ ’'Etcl oynuotiotnke n evbeio AB mov givar ko n {ntovpevn.
Epdmnon: Tati  AB eivou n {ntodpevn;
Amdvtnon: Aeod Kivnonkape TPog To KAT® Katd 2 HovAadeg onpaivel y = -2 Kot 3 povadeg mpog

Ta 5e&1d onpaivel = 3 omdTE OO TOV OPIGHO A = EQ® = Y- 3 Kol S1épyeTal omd To onueio
X

A(-5,3).

Yvveyileton n Topddoo.

e opbBoxavovikd chotTnua aEovmv

[Taipvoovpe dvoopa § kot sudsio TOPOAANAT 67O dLAvuc Q.

4

3 3
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Av ¢ givar 1 yovia mov oynuatifetl To didvuopa pe Tov 'y Kol @ 1 yovio wov oynuoatilel n evbeia
LE TOV XY, TOTE £(OVUE @ = ® N ¢ = T+®. AAAA 01 YOVIEC TOL SLPEPOVY KATA T EYOLV TNV 1Ot
EQATTOUEVT], OTOTE KOl GTLG OVO TEPUTTMCELS EPP = EPW .

Younépaocpo: Otav &/ 5 A=A
Av A(y1,v1) ko B(ye,w2) gtvor 000 onpeia pog evbelag € , tote

N
Av 1 & dev eivar kataxopoen evbeia, o woyver A, =A |, kot enewdn AB = (o)1, y2-y1)

AB
Anlodn ioog pe Yo~ Wy
X2~ X1
Younépaopa: O cvvteleotiig d1e00vveng pag evbsgiog Tov diépyeTon amd Ta onpeio A(y,V1)
Kot B pe 1 Atz siva = S2 V1,
X2~ Xa

Av 1 & givan KaTakopven vBeia, dNhaody x1 =7y , TOTE d&v opileTar o A.

Me v Bonbeia Tov cuvteleot devBuvong gubeiag, UTOPOVLLE VO SITVTMGOVLLE TIC GUVONKEG
TapoAiniiog kot KoBeTOTNTOC.

Av g1,&; gtvon 000 gvBeiec pe avtioToryovg cLVTEAESTES Ag,Ap KO T StavVOCLLOTOL 81 , 82 etvan

ToPOIAANAQ TPOG TIC €1,Ep, TOTE:
YYNOHKH ITAPAAAHAIAX

AoV g1// &5 w1 81// €1, 82 /] & 16TE 81//82 onote M = Ao
2YNOHKH KAOGETOTHTAX
AoV g1 L & kat 81// €1, 82 /] &, 16TE 81 L 82 ondte M . Ay =-1.

EZEIXQYXH EYOEIAX

INa va koBopicovpe v e€icmon gubeiog og éva eninedo, yperdlovon
e Avo onpeia g1
¢ ’'Eva onueio kot o ocvuvtehestng dievbuvong mge.

YIIOAOI'ITEMOZX EEIXQYXHY EYOEIAX dtav gival yvootd:
"Eva onpeio kKo 0 6vvteLESTIG O1EVOVVON G TG,

H evbeia oynuatilel yovia ¢ pe tov x'y. No onpeiwbei.

Noa wapovpe onpeio A(yo,W,) Kot yeviko onueio M(y,y) mave oty gvbeia.
-

Noa Bpodpe Tig cuvtetayuéveg Tov davdoopatog MA =(......... ) e ).

MA

No aVTIKOTOGTHGOVE 0T Y60 A= A KOl V 0L EQUPUOGOVUE TNV (IOTL OTNTAL.
MA

[Ipoxvmter o

1STYIOE: W -Yo=A (Y- Yo )
4

3
2

1

Q.

-14
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YIHOAOI'TEMOZX EEIZQYXHY. EYOEIAX 6tav cival yvootd:

Avo onpeia g,
Awakpivovpe 600 TEPTTOGELS:
1" mepinTon Av y; £y t01€ 0 cLVTELEGTNG Slevbuvong TG evbeiag eivar A = Y= ¥y KoM
X2~ %X
ggiowon W-We=A (- %) Yiveron y—wyi = 22V (y -y ) Snhadi,
27 A

[Ipokbnretl o

2% TYNOX: W —\; = g(x—xl)
1

2

1" rgpintoon .01 600 mopamdve TOTOL OV 1oYVOoVY Oty 1 vbeia € glval kKaTakdpLET,
aeov oTnV TEPimT®Mon avtr 0V opiletal o cuvtedeotng d1evBvvong . Etotl 1 e&icmon
™G KoTakOpLENG evBeiag Tov diépyetar and Eva onueio Ao, Wo) Umopel va Bpedel
apéomg apob kabe onuelo g Exel TETUNUEVT Yo ONANOT] TPOKVTTEL O

3 TYIOX: Y =7, 0TOVE L .

EIAIKEX IIEPIIITQXEIX
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1": H ekiowon ¢ evbeiag mov tépvet Tov yy oto B(0,B) kot &xet cuvieheotn A , £xet
eglomon

45TYNIOX: w=Ay +PB.

2" H eEiomon g evbeiag mov Siépyetar amd v apyn Tov a&évav 0(0,0) kot &xet
ovvieheotn A, €xel eElowon

ASTYNOX: w=rYy .

H e&iocwon g gubeiog mov eivar dyyotdpog g 1™ kot 3™ yoviag tov a&dvav €xet
eElowon

5% TYHNOX: wy= 1
H e&icwon ¢ evbeiog mov eivar dryotduog g 2™ kot 4™ yoviag tawv aEovav £xet
e&lomon

6% TYIIOX: y=-7

3" H ekiocwon e evbeiag mov Siépyetar omd t0 onpeio A()o,Wo) Ko £ivat TopdAAnin
otov d&ova x 'y dnAadn N oprovtio gvBeia , £xel eicmon

| 7°TYNOX: y=vy, . |

E®APMOI'H

Xopifovpe toug pantég oe opdoeg 4 atopwv (4 opdadeg) Kot Toug CnTape va
EQOUPUOGOVY TOVG TAPOUTAV® OPIGUOVS KOl OYECELS Y10 VO
1) Ymoloyicovv tov cuvieheotn d1ebBvvong g gvbeing mov diépyeTol amd Ta.
onueio A(1,-2) ko B(-1,4).
2) YmoAoyicovv tov cuvtedeotn diebbuvong g evbeiag mov diEpyeTol and Ta.
onpeta A(1,-2) xon B(1,4).
3) Em\boovv v doknon 2 oxolko Biffiio celida 64.
4) Ymrohoyicovv v e&icmon g evbeiag mov £yl cvvieleotn dievbuvong A=-3 kat
diépyetan oo to onueio A(-1,2).
5) Ynoloyicouvv v e&icwon g gvubeiog mov diépyetar omd to onueia A(-3,5) ko
B(4,1).
6) Ymoloyicouvv Vv katakopven gvubeio mov diEpyeTan amd to onueio A(-3,5).
7) Emdoovv v doknon 3 oyoiiko BiAio oerida 64.
Ed® Aettovpyovpe vrootnpiktikd, kafodnymvtog Tovg pabntég, AOVOVE TIC amopieg
TOVG, EMAVAIIATUTIMVOVLE OPIGHOVS KOl TOTOVG,.

EAEI'XOX EINITEYEHZ XTOXOQN
Znteitan amd Kabe padnm yopirotd, otov omoio £xel d0Hel poTOTLTIKG VAIKO , VO
OTTOVTIOEL OTIS TOPUKAT® EPMOTNGELG TOTOV X-A, TOAALATANG EMAOYNG KOl OVTIGTOIYNOTG.

Epwrnoeig Tou TUmrou «2woTo-Adabog»
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1. * Zvvteheotig oevbuvong o gvbeiog (€) eivar m
epamTopévn G yoviag mov oynuatifel n evbeia (&) pe
Tov GEova y . z A
2. * O ovvteheotng Oiebbuvong A pog evbeiog mov
diépyetan amd ta onueic A (Xg, Y1) kau B (Xz, Y2)
opiletar Tavta og A = Y27 ¥ .
X, - X, x A
3. * H evbeia 1 omoia diépyeton amd ta onpeio A (X1, Y1)
kot B (X, ¥2) €xel cvuviekeotn dievBvvong undév. X A
4. * Yrdapyovv 600 gubeieg €1, € L€ CLVTEAEGTES O1EVLOLV-

ongG Ag, Ax avTioTOLYO YO TIG OTOIEG 1OYDEL CLYYPOVAC

}q:}»zl{al}ml.}xzz-l. X A
1

5. ** O evbeieg ue e&lomoeigy = N X Koy = - AX givan
Kkd0eteg yio kaBe A = 0. A
6. * Otevbeieg 2X +y =1 ko X - 2y = 1 éuvovral. X A
7. * Orevbeiegy = 3X + 1 xou 3X - y = 4 tévovrot. X A

8. *Orevbeiegy = - g X+ 1xoy =-AX + 2 givor mopdh-
AnAec. Ioyvel k = 3. z A

9. * Ot evbeiegc y = 2X + 1 ka1 4x - 2y + 5 = 0 eivan
TapEAANAES. X A

10. * Ot dyotdpol TOV YOVIOV TOV 0EOVEY XX, Y'Y €xovv
e€lomoeg Y = X ko Y = - X kot Tévovton kéoeta. X A
11. * Ovevbeiegy = 2 kan y = 2X givar mapdriniec. X A

Epwrriosig moAAamAng emAoyng

1. ** Av 1 e&icmon pe dvo ayvootoug (X, y)=0 (1) sivan e&iowon wag ypapung C, tote
A. Ol cLVTETAYHEVEG LOVO UEPIKOY onueiny g C emainbevouvy v (1)
B. o1 cuvtetayuéveg Tmv onueiov g C dev emaindevovy v (1)
I'. 10 onueio Tov omoiov o1 Guvtetaypéveg emainBevovv v (1) dev avrket oty C
A. 6ha Ta onpeio mov emainBedovv Ty (1) avikovv oty C
E. vrdpyovv onpeia g C tov omoinv ot cuvtetoypéveg dev emainebovy my (1)

2. ** Ajvetan éva onpeio M pog gveiag, 1 omoia givon TapdAAnin pe o dévoopa v = (3, - 4).
Hexwvovtag amd to onpeio M Ba EavaPpeboipe og onpeio g gvbeiog, dtav
A. xivnBobpe 3 povadeg aptotepd Kot 4 povadeg kAT
B. xivnfovue 3 povadec apiotepd kot 4 LOVASES TOV®D
I'. kivnBobpe 3 povadeg katm kat 4 povadeg oe&ld
A. xtvnBobpe 3 povadeg kdTm kat 4 Hovadeg aplotepd
E. xivnBovpue 3 povadeg de€1d ko 4 povddeg movo
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3. * O ovvteleotrg dievBuvong piag gubeiag () 1covTon

A. L€ TO GUVTUiTOVO TNG YOViag @ Tov oynuatifel 1 (&) pe Tov X'X

B. HE TNV EQPATTOUEVY] NG OCLUTANPOUATIKNG Yoviag mov oynuoatiler n  (g)
He Tov X'X

I'. pe 10 cvvtekeotn devBuvong evog davicpatog kKABeTov otV (€)

A. pe Vv gpantopévn TG Yoviog Tov oynpatiCel 1 () pe tov XX

E. pe v epamtopévn g yoviag mov oynuotilet m (¢) pe 1o Betkd
nua&ovo Oy

4. * O ovvteleotng d1evBuvong tng evbelog 7 + 3y = - 4X givon

A.-4 B.7 r.-4 AL E->
3 3 4

5. * H evbeia (g) éxel cuvtedeot devbuvong - g Mo 6AAN gvbeia (g7), mov eivar k@Betn otnv

(&), &xer ovvteleotn) dievbuvong

A.-g B.-g I.

2 3

w|N
'
N | w
=1
-

1
6. * Mo gvbeia (€) éxel cuvteleot > Kot dtépyeton amo tn onueio (- 1, 3). H e&icwon g sivat

A.y+1=%(x-3) B.y-3=%(x+1) F.x+1=%(y-3)
1 . . .
A.X-3= 5 (y+2) E. xapio and 11¢ mopandve
7. * Z1o daumhavo oynpa n e&iowon g evbelag OA y
glvary = V3x.H yovio OAB 1covtat pe
A
A. 30° B. 60° I'. 45°
A. 90° E. 135° , o

8. * O ovvteAeotng dievBuvonc oG evbeiag Tov eivat TapdAANAn ue Tov Y'Y 1eobton pe

Al B.-1 r.o A. €0 % E. dev opiletan

* O ovvtedeotg owevBvvong o evbeiog (g), mov Sépyetar omd TO onuein
A (X1, Y1) ka1 B (Xy, Y2) opiletor wévta 6tav
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A Y1#Y, B. X =X ko Yy, #Y»

. X #-Xoxou Yy #Y> AL Y1 = Yo KO Xy = X E. X1 #X

10. ** H gvbeia mov oynuoriler pe tov d&ova X X apufieia yovia ivar
Ay=Ax-2 B.y=2 r.y=3x+2

Ay=[\x+Puer<0 E. n k60t omv2x -3y +2=0

3. A. H npotn omin mepi€yel Toug ouvieleotés d1enbuvenc KATolmv gufeldv Kot 1 0e0TEPN TIG
yovieg mov oynuotilovv ot ideg evbeieg pe Tov dova X'X. Na cuvdécete e pa YpOoUUn To

avtictolyo ctoyeia.

oA A ctiiin B
A) 0
y B B) ©
3 4
n =
2) -3 3
A) %

3) dev opiletan
T
E) =
) 3
4 -1 YT T
) 2
on
5 0 7)) —
) 6
3n
H =
) 4

B. ** Na avtiototyicete 116 e€lomoelg Tov gubeidv g otAng (A) pe ) yovio Tov oynuotilovv

ue tov d&ova X'X ¢ oming (B).

oA A ctiiin B
1) y=x-1 A) 50°
B) 45°

J3

2) y= ?x+1

r) 135°
A) 30°
3) y=-Xx+a
E) 120°
APAYXTHPIOTHTA KAEIXIMATOZ
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Y xpovo 2-3 Aemtdv

A) Aépe évav aoteio cuvelpud M

B) oyoAdlovpe pia emikaipn evydpiot gidnon M
I') kévovpe TpoPoAn evog Bivteo.

EPI'AZIA T'TA TO XIIITI

1) Epappoyn 1 cerideg 62-63 oyolo Piiio

2)Acknoeig 4, 5,6,7 o’ opdda oyoiikov Bipiiov cerideg 64.

2) Aoknoelg 1,2,6 B° opddo oxorikov BifAiov celideg 65.
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