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APXH 1HZ LEAIAAZ
HMEPHZION KAl EINEPINQN FENIKON AYKEION

MANEAAAAIKEE EZEETAZEIZ
HMEPHEION & ESMEPINON FENIKON AYKEION
TPITH 6 IOYNIOY 2023

EZETAZOMENO MAGHMA: MAGHMATIKA MPOZANATOAIZMOY

SYNOAO ZEAIAQN: TEZZEPIZ (4)

Na amodeifete OTI av 01 GUVAPTHTEIG f ka1 g eival Tapaywyiclpeg 070 Xo

167 n ouvaptnon f+ g eivar Tapaywyioiun oTo Xq KAl 1o)X 0EL:

(F+)'(xg) = f'(Xe) + (%)
Movdadeg 6

‘Eotw f pia ouvaptnon pe medio opiopoU Eva gUvoho A. MaTe Aépe 671 N
f eival TTapaywyiciun oe éva KAeioTd diagTnUa [o,B] Tou Tediou opiguoU

™me,
Movadeg 4

Na BSiatumdoeTe To Bewpnpa Tou Rolle (uovadeg 3) Kal va OWOETE TN

VEWHETPIKN TOU eppnveia (Hovadeg 2).

Movadeg 5

Na xapakTnpioere Tig mpordoeis ou akoAovbouv ypépovrag aro TeTpadio
oag, 8iTAa aTo ypauua mou avrioTolxEi og KGOe mporaan, 1 Aéén EwaTo,
av n mpoéraon &ivai owaorh, N AdBog, av n mpoTaan givar AavBaopévi.

MHX _

a) loyuel 61 lim —=1.

X=>+®© X

B) H ypagiki TapdoTacn HIAG TTOAUWVUHIKAS OUuvGPTAONG TIEPITTOU

Y)

5)

RaBpoU éxel TAVTOTE OPIZOVTIa EQATITOHEVN.

Mo kade ouvdptnon f, n omoia cival ouvexic o éva didoTnua A Kai
yvnoiwe atfouaa aTo A, 1GXUE! OTI f'(x)>0 oe KGO EOWTEPIKO ONpEIO

X ToU A.
Av n f:R—R civar pia «éva mpog évar (“1-17) guvdéptnan, TOTE O
ypaoikéc mapaotaceig C kal C' twv ouvaptioewv T kai £ giva

TUPPETPIKEC WG TTpOg TNV Eubeia y=X TOU SIXOTOMEI TIG YWVIEG xOy

kai X'Oy'.

Av f, g eivai 500 ouvapTAOEIG Kal opigovTal Ol fog kan gof, 161 QUTES

Sev gival UTTOXPEWTIKA {OEG.
Movadeg 10



2%
Aiveraqi n cuvaprncn g RS R ME TUTIO g(x)_ 4 p Kai n cuvaprnon
o*
h:(0+o) > R HE TOmo h(x)=Inx.
B1. Na TTPoagdiopicere 1n Ouvéptnon f=goh,
Movddeg 5
4—x?
Eotw f(x)= , X>0,
X
B2. i) Na HeAeThoeTE ™ ouvéaptnon f wc TTPOG TN povoTtovia (Movddec 4).
- T
i) Na amodeifete o7 7> — (Hovadeg 4).
4—-e° ¢
Movédec 8
B3. Naqa Bpeite TIC acUpmwng NS Ypagikrc¢ TapacTaong NG ouvaprnoncg f.
Movdasec 6

. 1+ x2
B4. Na UroAovyioete to |im ovv( )
X—3 400 f(x)

Movdsec 6
@EMA I

Aiveray N ouvaptnon;

apc’xoraong

o =1 (Hovasec 4).
ii) Na Bpeite v ediowon NS €ubeiag (

£) Kal Tn Ywvia oy OXnuariger n
Ovadeg 4),

(€) pe Tov dfova X'x (u

MAav.zxe_



APXH 3HI SEAIAAZ
HMEPHZIQN KAl EXNEPINQN FENIKQN AYKEIQN

3. Na amodei§ere 611 n ouvéptnon f eivar «éva mpog évar (*1-1") (povadeg

3) Kal oTn ouvéxeia va Bpeite To oUvoAo TIHwY TR (HOVEdEeg 3).
Movddeg 6

r4. 'Botw (g):y=-x+2 n efiowon Tn¢ epamropévng Tou epwriparog 2. Na
uTroAoyigeTe To epBaddv Tou Ywpiou Q Tou TEPIKAEiETAI ATO TN YPAPIKN

mapdotaon Tng f pe x =1, Tnv tuBeia (g), Tov afova X'X kal Tnv guBeia

X=e.
Movadeg 7
GEMA A
Aivetal ouvdptnon f:(O,Z) — R pe tomo:
1
f(x)=|n(2—x)—;+ K, 6mmouk € R
yla Tnv otoia 10X0El:
im X=X _ R,
x=>1 x-=1
At. Na amodeifete 6711 K= 3.
Movadeg 4

A2. Na amodeiete 611 n egiowon f(x)=0 éxer akpiBuwg dUo pifeg X,, X, HE
X, <1< X, (povadeg 4) kar aTn ouvéxela va amodeifete oI x1<§

(povadeg 2).
Movadeg 6

270 TAPAKATW epwTApArta, X, Kal X, eival ol pife¢ mou avagépovral OTO
epwTnpa A2.

A3. Na amodeifete 611 urGpyel povadiké onpeio M(Ef(E)), pe £€e(0,1), aro

0T0i0 N KAign TNG Ypa@Ikri¢ mapaataonc Tng ocuvdprtnong f 1ocoltal pe

()
_\3)
1-3x,
Movadeg 6

TEAOX 3HX ANO 4 TEAIAES




A4.

APXH 4HX SEAIAAL
HMEPHZION KAI EZNEPINQON FENIKQON AYKEIQN

Av emimAéov F kai G eival 0o apyikég cuvapThaelg TG oUVAPTNANG f

ato didoTnpa (0,2) pe F(x,)=G(x,)=0, va amodeigeTe OTE

E) F(X2)+G(X1)=O
(Lovadeg 4)

ii) n egiowan

X, F(X) +X, G(X) = X;+ X, — 2X
éYel akpIBWG pia Alon aTo 61a0TNHA (Xqy X,).

(povadeg 5)
Movdadeg 8



