Aboeig v Ogudrwv twv Havelladikov Eéetacewv oro MaOnuotixa kow Zrovyeio Zronioting-HMEPHXIO I'E.A..

AYZEIZ TQN OEMATQON TQN [TANEAAAAIKQN EEETAXEQN
XTA
MAGOGHMATIKA KAI XTOIXEIA XTATIXTIKHX
HMEPHXIOY I'ENIKOY AYKEIOY
HMapaockevn), 20/05/2016

OEMA 1°

Al. Oewpia , oxolxo Pipiio cerida 151
A2. Osopia, oyolkd Piiio cerida 87
A3. Oewpia, oxorkd Piiio cerida 14
A4,

a) ZmoTo.
B) AdbBoc.
Y) Z®oTo.
0) 20010
€) AdbBoc.

OEMA 2°

B1. H ocuvapmmon f eivar mapaywyion oto R (0¢ ToAv@vupIKn) pe:

f'(x)=x*-5x+6, xe R
‘Exovpe:

f'(x)=x*-5x+6, xeR
f'(x)=0<x*-5x+6=0< (x=27x=3)

O mivaxog petapfordv e f eivar o enduevoc:

X 2 3
—oo 400
f'(x) + - +
f(x) T N T
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Apa n povotovio kKot ta akpoTata g ovvaptnone f (n omoia eivor kKo cuveyng oto onueia
X, = 2,X, =3) glvau
e TI'vnoing bivovsa oto Sihomua [2, 3].

e TI'vnoing avéovou ota dwctipata (-0, 2] ko oto [3, +00).

e Tomké Erdyreto oto X, =3, 10 f(3)= % :

e Tomké Méyieto oto0 X, =1,70 f(2)= 1—31

B2. H e&iomon ¢ gpomtopévng g ypoeikng mapdotacnc g cvvaptong f oto onueio
A(0, f(0)) etvar g poperg Y=Ax+k (4, k €R). Oa mposdopicovpe to A, k € R.
"Exovpe:
f (0) = -1, emopéveg to onpeio ctvon A(0, -1).
A= f’(O) =6
Emeon n ypoewkn mapdotacn g ovvdpmmong f diépyetar amd 1o onueio A(O, —1) ol

ouvteTaypéveg Tov A Ba emainfevovv v e€icwon g. Apa:
-1=1-0+x o x=-1
Emopévac n {ntoduevn e€icmon sivon y = 6x-1

B3. Exovpue dradoyd:

(%) - 2_ - 2 _Bx— X+1)(x-6
jim )12 X =6x#6-12 p a® 506 (HDOCE) ) g 6o g
x—>-1 X+1 x—>-1 X+1 x—>-1 X+1 x—>-1 X+1 x—>-1

OEMA 3°

I'1l. Mg Baon 10 EnOpUEVO SEVTPOSIAYPOLLLO TOIPVOVLLE TO SEIYUOTIKO YDPO Q LE avaypoen

TOV GTol(ElOV TOV:!
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0 ={AAA, AAK, AKA, AKK, KAA, KAK, KKA, KKK} pe N(Q)=8

I'2. Ta evoeyopeva A, B, I' pe avaypagn tov ototyeiov toug sivat:

A ={KAA, KAK, KKA, KKK}
B = {AKK, KAK, KKA, KKK}
I'={AAA, AAK, KKA, KKK}

I'3. a) Eivau:
A=AnB = {KKA, KAK, KKK} pe N(A)=3, apa P(4) = P(AnB)= N(Q;)B) :g.
P(E)=P(AUB)=P(A)+ P(B)—P(AmB):g+g—§:§
E = {KAA, KAK, KKA, KKK, AKK
{ }K(Xl P(Z):P(F—E):w:gzl
Z =T-E={AAA AAK} N@Q) 8 4
Enopévac:
oy N _3
N(©) 8
p(E) = YO _5
N(Q) 8
pz)=M2) 2 1
N@) 8 4
B) Zntaue v mbavoéTa TOL EVdEYOUEVOL H = (Au B)', apa.:
P(H)= P[(AuB)']zl—P(AuB):1—P(E):1—§:g

Zntape ™V mbovoTa oV evieyopévou 0 =(A-B)u(B-A),0mov ta A-B kot B-A
etvarl acvpupifacta evdeyopeva (€xovv tourn to keVO chHVoro) dpa:

P(0)=P[(A-B)u(B-A)|=P(A-B)+P(B-4)=
=P(A)-P(AnB)+P(B)-P(AnB)=
4 4 _3

2 1
=P(A)+P(B)-2P(AnB)=—+—-2—-=—==
(A +P(B)-2P(AnB)=g+g-25-5"12
Enopévemg:

P(H):g

PE) -3
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OEMA 4°

Al. Ot khdoeig eivae: [8, 8+c), [8+c, 8+2c), [8+2c, 8+3c), [8+3c, 8+4c) .

Xy 2" khdon eivar:
(8+2c)+(8+c)
2
A2. Zouminpovovpe Tov mivake TpocOLToviog pio EMTALOV GTNAN X, -V, Kol £XOVUE TOV

=14 <16+3c=28=3c=12<=c=4

EMOUEVO TTIVOKOL:

Xpovog (o€ Kevrpua ipn ovYVOTNTA Xi -V,
Lentd) Xi 4
[8, 12) 20 200
[12, 16) 14 15 210
[16, 20) 10 180
[20, 24) v, 22v,
TYNOAA _ v=45+v, 500+22v,

Me Bdon tov Tapamdve mivako £YOVLE:

4
D%V
X=14o it 21402902 1y 500422y, ~14(454v,)
Vv 45+v,

<590+22v,=630+14v, < 8v,=40<v, =5

O mapondve wivokag copminpopéveg sivorl:

Xpovog (o¢ Kevrpikn tipn cvyvoTNTO
Aenta) X; v,
[8, 12) 20
[12, 16) 14 15
[16, 20) 10
[20, 24)
LYNOAA _ v=50

-z
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A3. %v1+v2+v3+v4:%-20+15+10+5215+15+10+5:45 VTOAOYIOTEG, POV Efvor Ot

ovyvotnreg e 2™ ,3™ ko 4™ khdong podi pe to %(9,10,11 Aentd) g ovyvotntag g 1M

KAAONG, AOY® TNG OPOIOHOPPNS KATOVOUNG TMV TOPATPNCEDV OTIC KAAGELS .

A4. Mg Bdaon 115 2 televtaieg GTAAES TOV EMOUEVOD TTiVAKQL

Xpovog (o¢ Kevrpua tipn ovYVOTNTO. (X_ _ 7)2 (X_ B 7)2 i
Aemtd) X, v,
[8, 12) 20 16 320
[12, 16) 14 15 0 0
[16, 20) 10 16 160
[20, 24) 22 5 64 320
LYNOAA _ v=50 800
EYOVLE:
14 2 800
== (x-X)-v=—=16
v .2:1:( X) 50
s°=16<s=4(s>0)
"‘Exovpe:
CV—i—i—g>i apa. o dlypa OEV VoL OpoL0YEVE

AS. Av Bsopricovpe Y Vv tuyaio LETaBANTY TOV VE®V ¥POVOV, LETA TNV OVTIKOTAGTOGT TOL
ene€epyacty Tov LoAoyloT Kot Y M péon TN tov véov xpovev Y, =0,8-% kor S, M

v=0,8-X

TUTKT] OTOKALON TV VEOV YpOvev Y, £xovue: s —08-s
y i)

. Emopévag o véog ovvtereotng

petafoing CV, eivau:

cV :S_y: 0,8-s _ S
©oyl 08X [X]

=CV>01

, Gpa 10 V€O Oty O€V eval EMIONC OLOTIOYEVEG,

Emyuélera Aveewv : www.mathp.qr
2vvrovietijg: Kapaytavvyg loavvyg, Zyoiikos Xoufovios Mabnuatikov
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