APXH 1HY YEAIAAY - T" HMEPHXIQN

NMANEAAAAIKEZ EZETAZEIZ
" TAZHZ HMEPHZIOY N'ENIKOY AYKEIOY
KAI EMNAA (OMAAA BY)
AEYTEPA 20 MAIOY 2013 - EEETAZOMENO MAGHMA:
MAOHMATIKA KAI ZTOIXEIA ZTATIZTIKHZ FENIKHZ MNMAIAEIAZ
ZYNOAO ZEAIAQN: MNMENTE (5)

OEMA A

A1l.

A2.

A3.

A4.

Na atmodeiete 0TI n TaApdywyog TNG TAUTOTIKAG aguvdapTtnong f(X)=x eivail
f'(x)=1, yia kaBe xeR
Movadeg 7

‘EoTw pia ouvdptnon f pe medio opiopol A. Mote Aépe 611 n cuvapTnon

f Tmapouoidder Tomiké eAAXIOTO OTO X, € A;
Movadeg 4
Na dwoeTte ToV OopIOPO TNG dlapéoou (O) evdg deiyuaTog v TApATNPACEWV.
Movadeg 4

Na xapaktnpioere 1IC TPOTAOEIS TTOU akoAouBouyv, ypdgovrag oTo TeTpadio oag, ditTAa
OTO ypauua T1ToU QvTioToIxeEl o€ KGBe mmporaon, tn Aéén Zworo, av n mporacn &ivai
owarn, n Ada@og, av n mpdoraon givar Aavlaouévn.

a) Ta Tt ouvaptnon f(x) :1, X # 0 1ox0el om f'(x) :iz (Movadeg 2)
X X

B) Tia 10 yivopevo dUo TTapaywyiolgwy cuvaptAcewyv T, g 1oxlel 611

(FO) 90x)) =F'(x) g(x)+f(x) g'(X)
(Movadeg 2)

Y) To paBddéypauua XpnOIYJOTIOIEITAI yIa Tn ypa@IKh TTapdotacn Twv

TIMWV PIAG TTOOOTIKAG METABANTAG. (Movadeg 2)

8) H didpeocog civar éva pétpo Béong, 10 oToio emnpedleTal amd TIg
aKpaieg TapaTnPAOEIG. (Movadeg 2)

€) Tia dUo evdexdueva A kot B evdg deiypatikol xwpou Q pye AcCB,
ioxuer 611 P(A) > P(B) (uovadeg 2)

Movadeg 10

TEAOX 1H> AIIO 5 ZEAIAEX




APXH 2HY YEAIAAY - T" HMEPHXIQN

OEMA B
AiveTal o OeIyPATIKOG XWPOG Q:{o)1,w2,c03,m4} Kal Ta evOeEXOMEVQ
A={o,0,} «ar B={0,0,}

Mo T1g MBavOTNTEG TV ATAWY evdexopévwy {o,} kar { o} Tou Q 10xUEr OTI:

1. Ix2+x+1-1
° P((,O)Z——llm
! 2x>-1 X +x?

e H P(w,) eival ion pe 10 pubpd petaBoing tng f(x) wg mpog x, 6Tav x=1,
oTTOoU

f(x)zglnx, x>0

B1. Na atmodeiete oI P(oa1):% KOl P(oa3)=%
Movadeg 10
’ 7 1 2 3 7 12 7
B2. Na amodeifeTe OTI gsP(A)SZ, 6mou A’ T0 CUUTTANPWHATIKG Tou A.

Movadeg 7

B3. Av P(A’):%, T6TE va Bpeite TIg MBavotnteg P(w,), P(w,), P[(A-B)u(B-A)]
kair P(A-B’), émou B’ 10 cupmrAnpwuaTtiké tou B.

Movadeg 8

OEMA T

Oewpolpe éva deiypa v TApaTNPACEWY PIag ouveXoUg TTOOOTIKAG METABANTAG X,
TIG OTTOoieC opadoTToloUpe 0¢ 4 100TTAATEIGC KAAOEIG.

AiveTtal OTI:
e n MIKPOTEPN TTapathpnon €ival 50
e N KEVTPIKA TIMA TNG TETApTNG KAAong eival X, =85

e N OXETIKN ouxvoTnTta TNG TETAPTNG KAAoNG €ival OITTAAOIAQ TNG OXETIKNAG
ouxvoTnTag TNG TPiTNG KAAOoNg

n OIGUECOC TWV TTAPATNPACEWY Tou deiypdaTtog gival 6=75

Kdl

n Méon TIYA TWV TTAPATNPAOEWYV TOU deiydaTog gival X =74

TEAOX 2H> AIIO 5 ZEAIAEX




APXH 3HY YEAIAAY - T" HMEPHXIQN

M. Na amodeiete 611 TOo TAGTOG €ival ¢ =10
Movadeg 4
Nr2. Na petapépere o010 TETPAdIO OAG TOV TTAPAKATW TIiVAKA CUPTTANPWHEVO
owaoTa
KevTpikég 2XETIKN
KAdoeig Tiuég 2uxvoTnta
X, f
[, )
[, )
[, )
[, )
2UVoAo
Movadeg 8
r3. Aivetaiom £,=01,1,=03 ,f,=0,2 kau f, =0,4
Na atrodeitete OTI n péon TIYA Twv TApATNPAOEWYV, TOU E€ival
. , 200
MIKpOTEPEG TOU 80, cival Y
Movadeg 7
F4. EmAéyoupe K TapATNPAOCEIG TOU APXIKOU OEiydaATOG PE K<V, Ol OTIOIEG
aKOoAouBoUV KAavoVIKI KATAOVOUR HE
e 10 2,5% Twv TTAPATNPACEWY QUTWYV Va gival TOUAAGXIoToVv 74
e 70 16% Twv TAPATNPAOEWY AUTWYV VA €ival TO TTOAU 68
Na Bpeite TN pé€on TIPA KAl TNV TUTTIKA ATTOKAION TWV TTAPATNPNCEWY AUTWYV
KaOWG Kal va €EeTACETE av TO O&iyya Twv TTAPATNPACEWYV QUTWV Eival
OMOIOYEVEG.
Movdadeg 6
OEMA A

O@ewpolpue Tn ouvdaptnon f(x)=xInx+kK, x>0, 6Tmou K aképalog pe K>1 kal Tnv
epatmTopévn (€) TNG ypa@IkAG TTapdotaong Tng f OoTO onuEio (1,f(1)), n otroia
oxnuarticel ye Toug Agoveg, Tpiywvo eufadou E, pe E<2

A1.

Na atodeifete 0TI K =2

Movadeg 5

TEAOX 3H> AIIO 5 ZEAIAEX




A2.

A3.

A4.

APXH 4HY YEAIAAY - " HMEPHXIQN

Eotw X, X,, ..., X Ol TeETUNUEVEG 50 onueiwv Tng (g) Twv oOToiWV Ol

OVTIOTOIXEG TETAYMEVEG TOUG €XOUV PéEON TIPA §=31
a) Na amodeifete 611 X =30 (Movadeg 2)
B) MNa TiIg TETUNMEVEG TWV TTAPATTAVW ONUEIWV BeEwpoUpe OTI :

KaBe pia ammd TIg TETUNUEVEG X, Xy, ..., X,p AUEAVETAI KATA 3, OI ETTOPEVEG
15 TeTpunuéveg Tapapévouv oTabepéc kKal KABe pia amod TIG UTTOAOITTEG
ehaTTwveTal Katd AeR pe A>0.

Na Bpeite TO A, WOTE N vEa PEON TIMA TWV TETPNUEVWY va gival ion pe 31
(novadeg 4)

Movadeg 6

Av 1<0(<[3<\(<e ue a®-BP-y' =e’, 161e va Bpeite 10 €Upoc R Kal TN
e
Méon TiIuN Twyv TIHwWV f(a),f(B), f(y),f(e), f’(l), otrou f(x)=xInx+2
e

Movadeg 7
@ewpoUue TOV OEIYMATIKO XWPO

Q:{tn, n=123,..,30: 0<t, <t, <...<t, <1<’[11 <...<ty :1}
e

ME 100TTiBava ammAd evdexOueva, KaBWG Kal Ta evoexopeva

A={teQ: n epamTopévn TNG YPAPIKAG TTapdoTtaong Tng f oto onueio
(t.f(t)), va oxnpariger ue Tov agova x'x ofeia ywvia },

B:{teQ: f(t)>f'(t)+1},

omrou f(t)=tint+2

Na BpeBouv ol TIBavOTNTEG:

a) va paydatotroindei o evoexouevo A (uovadeg 3)

B) va TpayuaTtotroin@ouv ocuyXpovweg Ta evdexopeva A kal B (povdadeg 4)
Movadeg 7

TEAOX 4H> AIIO 5 ZEAIAEX




o O h

APXH 5SHY YEAIAAY - TP HMEPHX>IQN
OAHTIEZ (yia Touc e€sTalopévouc)

2170 eLWQUAAO Tou TeTpadiou va ypdywete 1O eeTaldpevo padNUa. Z10
ECWQUAAO TTAVW-TTAVW VA CUPTIANPWOETE TA ATOUIKA OTOIXEIQ yadnTrh. 21NV
apYnN TWV ATMAVTIAOEWY 0a¢ va yYpAWeTe TTAVW-TTAVW TNV nUEPOMNVIA Kal TO
e¢eTalOpevo pabnua. Na pnv avriypdwete 1a Béuata oT0 TETPADIO KAl VA
MNnV ypdweTe TTOUBEVA OTIC ATTAVTACOEIG 0OG TO OVOUd COQG.

Na ypAWETE TO OVOMATETTWVUPO O0AG OTO TTAVW MEPOG TWV QWTOAVTIYPAPWYV
auéowg PMOAIG oag TTapadoBouyv. TuxOv oNnNUEIWOEIC 00¢ TTAVW OTa BépaTta dev
8a BaBuoAoynBouv og kapia mepimTwon. Katd Ttnv amoxwpnorn oag va
TapadwoeTe Yali e 1o TETPADIO KAl TA QWTOAVTiypa@a.

Na atraviiioeTe oT0 TETPAdIO 0ag Ot OAd Ta BEparta pMOVO Pe PTTAE 1) pOvo
ME HAUPO OTUAO pe peAAvVI TTou dev ofrivel. MoAUBI emiTpémmeTal, yévo av 10
{ntdel n ekpwvnon, kal MONO yia TTivakeg, diaypauuaTa KAT..

K&Be amrdvinon €mMICTNUOVIKA TEKUNPIWPEVN €ival ATTOOEKTH.

Aldpkela e¢€Taong: TpeIG (3) WPEG PETA TN OIAVOUN TWV QWTOAVTIYPAPWYV.
Xpévog duvatng ammoxwpnong: 10.30 ..

KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAOX SH> AIIO 5 ZEAIAEX




