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[ E] A’ ®ATH —
TAZH: I'" TENIKOY AYKEIOY

ITPOXANATOAIZMOX: OETIKQN XIIOYAQN / ZITIOYAQN

OIKONOMIAYX & ITAHPO®OPIKHX

MAOHMA: MAOHMATIKA

Hpepounvia: Iépntn 7 Ilavovapiov 2021
Adpkewa EEétaong: 3 mpeg

OEMA A
Al.

A2.

A3.

Noa anodeitete Ot CLYGPTNC f[O +0) >R pe f(x)=vx eivar
1

2Jx

Topay®yicun oto yoyo f'(x)=

Movaoeg 7

[T6te o ovvaptnon f Ba Aépe 6T givar mopayoyioyn oe éva onueio X,Tov
nediov oplopod G;
Movaoec 4

OemPNOTE TOV TAPAKAT® 1GYVPIGUO :

<<Av 1o lim ‘f (x)‘ VIapYEL TOTE ThvTa VITApYEL kKar To lim f(x)>>
X=X

X—=Xo

a) Noa yopokpiceTe TOV IGYLPIGUO YPAPOVTOS GTO TETPAOIO GAG TO VPO
A av givor ain0nig, N to ypappa W, av etvar yevong

Movaoeg 1

B) No 01Tol0YNGETE TNV OMAVINGT GO GTO EPMTNLLOL O)
Movaodeg 3

TA OEMATA ITPOOPIZONTAI I'TA AITOKAEIXTIKH XPHXH THX ®PONTIZXTHPIAKHX MONAAAX

XEAIAA: 1 AIIO 5
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Ad4. Noa yopaktnpiceTe TIG TPOTACELS TOL 0KOAOLOOVV ,YPAPOVTAC GTO TETPASLO GOG
dimha 6t0 Ypaupa mov aviiotolyel oe kdbe mpotaon ™ AEEN X®OTO av 1
npdTaon eival cwot) | AdOog ,av 1 Tpdtacn ival AovOaocuévn:

a) Av f,g,h eivon tpeig cuvaptoelg kon opiCetarn heo(geof) tote opiletan kat

n (heg)eof xatogoer ho(gef)=(hog)of

B) M cvvapnon f eivor 1-1 av ko povo av kabe oplovtia evbeio tépvet
™mv Ypoikn mapdotoon tg f tovddyiotov o€ éva onueio.

7) T kéBe xR wydet nux|>|x|

0) Av i ovvéptnon dev eivan mapoywyicun oe £va onueio X, Tov TEGIOL
OpPIGLOV NG TOTE dgv OBa eivar cuv €

g) loyder 6Tt liminx = -0
X—0

Movaoeg 10
OEMA B
210 TOPOKATO oY Ot POPIKT TOPAGTOOT Lo cuvaptnong f.
y
A 5
; A
; Ly A T £
i S ZE
: 3 : A N
X -8 ? / 4 6 8 ‘:; "
A L -3 :
B |
B e
v

B1. Na Bpeite 10 medio optopod g ,ta SlcTHHATO HovoToViag TG Kabmg Kot To
GUVOAO TIL®OV NG o€ KABE £va omd avTd.

Movaoeg 6

TA OEMATA ITPOOPIZONTAI I'TA AITOKAEIXTIKH XPHXH THX ®PONTIZXTHPIAKHX MONAAAX XEAIAA: 2 AIIO 5




OMOXIIONAIA EKITAIAEYTIKQN ®PONTIETQN EAAAAOX (O.E.®.E.) - ETANAAHIITIKA ©EMATA

QER™ EITANAAHIITIKA GEMATA 2021 E_3.MA300(s)
[ E| A’ ®ATH -
B2. Na vmoloyicete ta dpa (av vdpyovV)
. 1 o f(F(x))
i) lim i) lim—— i) lim ———==
()H6f(x)—4 (i x>9 f (X) (i) -1 X -1
Movaoeg 9
B3. Na anodei&ete 6Tt vmdpyet povadiko X, €(4,6) tétoto dote f(X,)=n kou o
ouvéyela vo anodeifete 01t 3<f (X, +2) <4
Movaoeg 5
B4. Na dcifete 611 1 e&iowon 20 % - f(x)+2021=F(x) éxer tpeic
axppog pilec.
Movadeg 5
OEMAT
Aivovton o1 GuVaPTNGELS | 0l TIG OTO1ESG oY VEL:
o f:[0,4+0) >R pe f(x)=ax’+B omova,p,eR otng omoiog MV YpaPIKT
nopdotoon epdmteton n gvbeio y =-2X+5 oto onueio A(l,f (1))
o g(x)=+x, 10 K60e x>0
e h(x)=—x+4,xeR
I'l. Na dci&ete ot

(@) f(x)=-x"+4, x>0 ko va Bpeite 10 GHVOLO THDOV TNG.

Movaoec 4

(B) opiCetoaun goh pe (goh)(x)=~v4-x
Movadeg 1

TA OEMATA ITPOOPIZONTAI I'TA AITOKAEIXTIKH XPHXH THX ®PONTIZXTHPIAKHX MONAAAX

XEAIAA: 3 ATIO 5
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I2.

() No amodeitete 6t n f avriotpépeton ko 611 01 suvaptioec f,goh elvon ioeg.

Movadeg 5
(B) No deitete Oti: lim (f’l(x)+x)=—oo
Movaoeg 4
I'3.
(o) Na Ppebei n e€icwon g epantoué glac g T mov diépyetan amd 10
onueio A(0,8)
Movéoec 3

(B) No amodeicete ot 01 vy ‘o mopaoticelg Tov ovvaptioeny f,ftépvovian

oe onueio (XY,
TETUNUEVT] TOV G
C

¢ avikel oto ddotnua (LX,),0mov X, 1

aONG TNG EQomTOpEVNG TOL epmTiuatog I3 (a) pe v

Movéosec 3

I'4.  No Bpeite to Opto lim [((x2 —4)2 +x—4)-np[(f( ) 1fl( ))H
X—Xq X)— X
Movaoseg 5

OEMA A
Atvetai ) cuveyng ovvdptnon f :(O, +0) = Ry v omoia wydet :
o Xx°-f?(x)=1+ lim f*(x) yw kG x>0

® TEUVELTNV Y =X G€ €va uovo onueio.

Al.  Na deiéete 6t lim £2(x)=0 ko 611 0 Tomog g f eivan f(x) = l,x >0

X—>+0 X

Movdoeg 6

TA OEMATA ITPOOPIZONTAI I'TA AITOKAEIXTIKH XPHXH THX ®PONTIZXTHPIAKHX MONAAAX XEAIAA: 4 ATIO 5
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A2.

A3.

A4.

(o) Na Bpeite v e&icmon epantouévng evbeiag e f oto onueio g M (1, 1) kat

ta onpeia A,B mov avt) tépvel toug dEoveg X X Ko Y'Y avticTotya.

OAB é&yet eppoadov E =2tu

Av g:[0,1]] > R wa cvveyfig kot
ywoiog ¢Bivovca cuvvaptno
™mg omotog n YPOPUKC

napdotaon Ppioketon o n
LECO GTO TETPAYMVO A
mov  opilouv €l

0(0,0),K(1,0),
A(0,1) va deilete 6

M(1,1)

Movaoeg 3

(B) Na dei&ete 011 10 M givan péco tov gvbiypappov tunpatog AB kat o tpiyovo

Movaéoeg 2

K(1,0)

(o) n C, tépver v Sraydvio OM tov TeTpoy®VoOL HOvVo 6€ £va onpeio

(B) 9(x*)-9g(x*)=x°-x* yia kéBe x €[0,1]

Movaoec 6

Movéosec 3

Na deiéete 6T1 1 e€icwon 4x* +8x° =1 &yel povadikny pila o10 didoTnua

, , , . 1
(0,4+0) kar oV cuvvéxeto v omodeifete 6T ot cuvoptioelg f(x)== Kot
X

h(x)=-x*—1 &ovv o koW epantopév.

Movéoeg 5

TA OEMATA ITPOOPIZONTAI I'TA AITOKAEIXTIKH XPHXH THX ®PONTIZXTHPIAKHX MONAAAX

XEAIAA: 5 AIIO 5




